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PREFACE. 



It is now three jears and a half since this work was pre- 
pared for the use of the blind under the author's charge ; 
and it took this form from the necessity for oral instruction, 
in their peculiar case. The great advantages derived by 
them from these exercises, in developing and strengthening 
the mental powers, in fixing the attention, and in awakening 
a strong desire to acquire knowledge under standingly, by 
seeking the why and wherefore at every step in their prog- 
ress, wrought in the author a firm conviction that algebra, 
in this shape, should precede written arithmetic; and that 
such would be the case at no distant period. About three 
years ago, the design of the author to publish a mental alge- 
bra, was communicated to two of the most distinguished 
teachers in this city, and met with their approval ; but 
unceasing duties in managitig a large institution, have hith- 
erto delayed its publication. It is now printed for the upo 
of the private pvLpiia "uhdfer.-the iLqtJhor'si care ; and, with 
the hope that it may J>eMis sucd^s£^u]^ witlT^the seeing, as it 
hfis been with the bli.id, i* i? humbly offereA to the public. 
Should it succeed Jin !makin[^ a.]^9bfa, a common school 
study, and should, it do fdi^'that itlidy, in some small de- 
gree, what "ColbtirnJ9'Frr»t-Li»!Ssoif»'j Uave done for arith- 
metic, the author will congrdtui'aie!: oim'self that one original 
idea of his has been of value -to the young. 

These exercises gradually lead the pupil, step by step, 
from the simplest to more complicated reasoning ; teaching 
only one thing at a time, and rendering that, one thing 
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familiar^ before the attention is called to another. The 
additional strength that tlie mind daily gains by sucli re- 
peated exercise, can hardly be conceived but by the ex- 
perienced teacher. The increase of intellectual power from 
such a source, almost equals tlie accession of physica* 
strength, which ancient fable tells us a man acquired, by 
carrying a calf daily till it grew to be an ox. 

Nor will an algebraic process of reasoning, however long, 
seem at all difficult for the memory, where the numbers 
are small, when it is recollected that you have to stand on 
but one round of a ladder to reach the next higher round ; 
and that this process, continued, easily caril?s you to the 
top. The last step requires no greater effort than the first. 
So in an algebraic solution, where only one symbol is used 
to express the conditions of a question, one step only need 
be held in mind to reach the next, and it need be held 
only till the next is reached. Each successive step is de 
pendent on the preceding, and is derived from it by a 
process of reasoning generally limited to that step. Even 
in using several symbols, the mind is easily trained to 
discriminate and retain whatever is needed as an argu- 
ment in the solution, and to lay aside at once all the steps 
of the process by which that conclusion was reached. 

The author found that his hlind pupils, thus taught,^ 
gained intellectual stfex\gtb cuffic'gent* UV; solve, mentally,* 
questions requ^Bg; 4v<t '4>ff<s^^^ ^^^^^ ^^ equations to 
express the cQh3i£ionft:' That jiiaxt of. the manuscript, how- ' 
ever, has been omitte'd^»an9%afl*Biic'h; questions have been 
careftilly excluded, aa/wt Aoctfisfjgr 'Within, the design of this 
elementary treatise* •••:•'• ''••••It • 

V /:;•'.'••• "" 

Furthermore, an algebraic solution is far less mechanical 
than an arithmetical one is oilcn permitted to be. There 
is no remembering abstract numbers, to undergo operations 
prescribed by rule; but the reasoning on each successive 
■tep attaches a meaning to it, dependent on the connection 
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between the several parts of an equation. Thns, the pupil 
is delighted to exercise his powers on an equation; it is a 
conflict which excites his mental energy ; and who remem- 
bers not his boyish satisfaction in surmounting a diffi- 
culty ? There is a peculiar pleasure in this study, when 
riglitly presented to the young, which seldom fails to in* 
terest and rouse the pupil, though no other study has been 
able to call forth any vigorous effort. Curiosity, in youth, 
the main spring of intellect, is hereby made to act in its 
proper sphere ; the kind interest, the skill, and the superior 
intelligence of tlie teacher, must direct, while this curiosity 
needs a guide ) but, once on the track, with such a motive 
power, the wheels can never cease to revolve. 

Every teacher knows, from experience, how readily a 
pupil will understand an arithmetical question, and with 
what facility he will reason upon it, when small numbers 
are substituted for large ones, without altering a single 
condition of the question, however difficult and unintelli- 
gible it appeared before. Large numbers embarrass the 
pupil ; and he should Icorn to reason with small numbers 
at first, till he gradually acquires strength to wield larger 
ones. On this principle the author has ba^ed this work. 
The numbers are small, that the pupil may solve the ques- 
tions mentally. Although intended solely as oral exercises, 
the teacher will perceive that the questions may be solved 
on the slate, and that teritten algebra can be taught from 
this hook as well as from a larger treatise. 

A Key, containing answers, solutions, and suggestions for 
teachers, is in press, and will be of assistance, especially to 
those who have neither taught nor studied algebra. 

The author invariably required his pupils to make ques- 
tions in each successive section ; thus he ascertained that 
each principle was clearly understood before he proceeded 
to the next. This would be found very useful, and might 
be made a home exercise. 
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To his brethren the Boaton Teooherf this work is re 
Bpectfullj dedicated, by their friend and former associate, 
with the earnest desire that their efforts in the cause of 
edacation, and their devotion to the interests of the yoiuif 
may be duly appreciated and rewarded 

D. B. ^ 

No. 13, Somerset Strut, 
HotUmf April 8» ISi^. 



SUGGESTIONS TO TEACHERS. 



AiTER a question is read or given out, call o\ some 
one of the class to repeat it ; on another, to state what 
is required ; on a third, for the data, or known con- 
ditions on which the question is based, and from 
which the answer is to be deduced ; on a fourth, to 
state what x, or any other symbol used, is to represent 
in the given case ; on a fifth, to use a symbol or sym- 
bols in accordance with the expressed conditions ; on 
a sixth, to make an equation from the materials, using 
the symbols to represent the unknown quantities ; on 
a seventh, to prove the equation, thus made, to be true, 
stating why and wherefore; on an eighth, to give the 
first step in reducing this equation, with the reasons 
for it ; on a ninth, for the r^ext step ; and so on, till 
rhe value of the symbol or symbols used, is found 
AnoHier pupil should then be required to prove the 
whole, by using the numerical value thus found in the 
several conditions of the question. When there are 
several ways of reducing an equation, other pupils can 
go tlirough with each of them m the same manner. 
By calling on tlie pupils promiscuously, the attention 
of all is thus confined to each step of the process, and 
the greatest benefit is secured. By this method, in a 
class of forty, each pupil does something in the way 
of recitation, towards the solution of every tliird or 
f<iurth question, and silently is compelled to attend to 
th» whole procew of alL 
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SUGGESTIONS TO TEACHERS. 



Ajter a question is read or given out, cail o\ some 
one of the class to repeat it ; on another, to state what 
is required ; on a third, for the data, or known con- 
ditions on which the question is based, and from 
which the answer is to be deduced ; on a fourth, to 
state what x, or any other symbol used, is to represent 
in the given case ; on a fifth, to use a symbol or sym- 
bols in accordance with the expressed conditions ; on 
a siocth, to make an equation from the materials, using 
the symbols to represent the unknown quantities ; on 
a seventh, to prove the equation, thus made, to be true, 
stating why and wherefore; on an eighth, to give the 
first step in reducing this equation, with the reasons 
for it ; on a ninth, for the next step ; and so on, till 
rhe value of the symbol or symbols used, is found 
AnoHier pupil should then be required to prove the 
whole, by using the numerical value thus found in the 
several conditions of the question. When there are 
several ways of reducing an equation, other pupils can 
go tlirough with each of them in the same manner. 
By calling on the pupils promiscuously, the attention 
of all is thus confined to each step of the process, and 
the greatest benefit is secured. By this method, in a 
class of forty, each pupil does something in the way 
of recitation, towards the solution of every third or 
f<iurth question, and silently is compelled to attend to 
\hk whole process of all. 



'■ > 



» INTELLECTUAL ALGKBR/L. 

Ill addition to the oral lesson of the day, thus re 
cited, the class may be required to have, on xheh 
slates, the lesson of the preceding day. Here, too, each 
step of the solution should be explahied in a similar 
manner by the class. This will serve for a review, 
and, at the same time, teach written Algebra. 

The Key will be found of great assistance to the 
teacher in hearing a class, interrupted, as he constantly 
is, by the many who demand his care and attention 
Besides, it will b^ iiscfnJ for assistants and monitors. 
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other member. Now, we wish to find the value of x, 
or the number that it represents. 

5. In the equation 

2 X pounds = 6 pounds, 
one X, which is one half of two x, must be equal to one 
half of six pounds, which is three pounds. Then 
three is the number represented by r, and the value of 
X is now knoum or determined to be three. The might 
of one ball is therefore three pounds ; and one ball in 
one scale will balance three pounds in the other. 

6. Since one ball in one scale balances three pounds 
in the other ; if one more ball, of the same weight, be 
put into the scale with the first ball, it is evident that 
three one-pound weights must be added to the three 
pounds already in the other scale, that the balance or 
equality may still be preserved. If a third ball be 
put with the two balls, three more pounds must be put 
with the six pounds, that the balance or equation of 
weight may still exist. 

7. Therefore, if equal weights be added to each 
scale, when the scales are balanced, the balance or 
equality continues. We also see, that if one ball=- 
three pounds in weight, ^too times one ball, that is, two 
balls, = f too times three pounds, that is, six pounds; 
and three times one ball, or three balls, = three times 
three pounds, or nine pounds ; so that, if equal weights 
be equally increased, the balance or equality between 
them still exists. 

8. In the equation 

a: = 8, 
if X be added to x, the first member, it is evident that 
3t the value of x, or number it represents, must be 
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added to 3, the second member, that the equality may 
be preserved. Then 

X added to x will be equal to 3 added to 3 ; 

or, X and x = 3 and 3 ; 

or, using plus, -|-, the sign of addition 

a: + x = 3 + 3. 

But x-{-x=.2x, and 3 + 3 = 6; therefore, the 

equation now is, 

2x = 6. 
If X be again added to the first member, and the 
number it represents be added again to the second 
member, the equation will be 

x-f-2x = 3 + 6, 
or, 3x = 9. 

9. Therefore, if equal quantities be added to each 
member of an equation, the equality still continues. 
We also see that if X = 3, 

twice X = twice 3, 

and using X, the sign of multiplication, 

2Xx = 2X3; 

so that, if each member of an equation be multiplied 

by the same number, the equation or equality will still 

be preserved. 

10. Two balls in one scale balance six pounds in the 
other, and each ball weighs three pounds. If one of 
the two balls be taken out of the scale, it is evident 
that its weight, or three one-pound weights, must be 
taken from the other scale, that the balance or 
equality of weights may still continue. Then the 
equation will be, two balls with one ball taken fron* 
them = 6 pounds with 3 pounds taken from them. 

11. Therefore, if equal toeights are taken from each 
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scale when the scales are balanced, the balance or 
equality continues. We see also, that if two halls = 
six pounds in weight, one half of two balls, which is 
one ball, is equal in weight to one half of six pounds, 
which is three pounds ; or, 2 balls divided by 2 = 6 
pounds divided by 2; that is, if equal weights are 
equally diminished, or if the same part of equal 
weights is taken away, the balance or equality be- 
tween the remaining parts still exists. 

12. If X be taken from 2 z, the^rs^ member of the 
equation^ 

2z = 6, 
it is evident that 3, the value of x, or the number that 
it represents, must be taken from 6, the second mem- 
ber, that the equality may be preserved. Then 2x 
with X taken j&om them = 6 with 3 taken from them ; 
that is, 

2z less x = 6 less 3; 
or, using — , the sign of subtraction, called minus, 
or less, 

2z — a; = 6 — 3. 
But 2x — x=^x; juid 6 — 3 = 3; and the equation 
now is, 

x = 3. 

13. Therefore, if equal quantities be taken from 
each member of an equation, the equality still continues 
between the remaining parts of each member. We 
also see, that if 2 a; = 6 ; 2x divided by 2, that is, 

2 X 
using a sign of division, — = 6 divided by 2, that is, 

J ; or that one half of 2 a; = one half of 6. 

So that, if ca4:h member of an equation be divided 
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by the same number, the equaiity or equation will still 
be preserved. 

Remark. — Such questions should be asked as are necessary 
to ascertain the accuracy and clearness of the pupil's knowl- 
edge of this section. This each teacher will do for himseli 
better than the author can do it for him. Printed questions, 
for such purposes, in the hands of a pupil, too often serve but 
atf moulds in which to run his answers ; preventing, rather 
than aiding, mental effort. 



SECTION II. 




1. If two cannon balls, of equal weight, in one 
ocale, are balanced by six one-pound weights placed 
\n the other scale, how many of these one-pound 
weights will it take to balance one ball 1 or, what is 
th^ weight of one bail t 
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Explanation and 8oluti<m, 

Let X represent the answer sought^ or unknown 

quantity ; 

that is, let x represent the weight of one ball. 

Then, two times x pounds will stand for the weight 

of two balls ; thus, 

two balls weigh 2 x pounds. 

But, by a statement or condition of the question, 

the two balls weigh six pounds. 

Therefore, 2 x pounds must be equal to six pounds. 

If 2 X pounds are equal to six pounds, 

or2a; = 6; 

th( n one x will be equal to one half of six pounds , 

«ir, one half of 2 x, which is x, is equal to one half 

of six pounds, which is three pounds. 

Or it may be expressed thus • 

a5 = f ; 
that is, X equals six divided by two. 
Answer, The weight of a ball is 3 lbs. 

2. One X is what part of two times x? 

3. In the equation 2 a; = 8, to what part of eight is 
one X equal ? 

4. If each member of the equation 2x=lS, be 
divided by two, what equation will express the quo- 
tient? 

5. What will represent the sum of x and x ? 

6. Express in one term the three terms x-\-x-\-x. 
What will represent their sum ? 

7. If each member of the equation 3 x = 12, be 
divided by 3, what equation will express the re- 
sult? 
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8. George and Charles are to have four balls ; and 
one is to have as many as the other. How many balls 
will each have? 

Let X represent the number of balls that George will 

have. 
Then x will also represent the number Charles will 

have. 

Now, if X, or George's number of balls, be added to 

X, or Charles's number of balls, the sum will be 

X'\'X=z2x balls. 

2 z will represent the number of balls that both will 

have; 

and, since both together will have 4 balls, 

2 X balls must be equal to 4 balls. 

If 2 X := 4 balls, one x will equal one half of 4 balls, 

which is 2 balls. 
Therefore, 2 = 2 balls, and each boy will have 2 balls. 

9. If four be divided into two equal parts, what will 
one of the parts be ? 

Let X =: one part ; 

then another x will represent the other part ; 

and x + x, which is 2 x, will represent both parts, or 

the whole number. 

But the whole number is 4 ; 

therefore 2 x = 4. 

If 2 x = 4, x will equal one half of 4. 

Therefore, x = 2, 

and one of the parts is 2. 

10. Mary and Anna, together, have eight books; 
and Mary has as many as Anna. How many books 
has each? 

11. John and James are to have equal shares of 
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eighteen chestnuts. How many chestnuts will each 
have ? 

12. Two boys agree to take equal shares of twenty- 
four apples. How many apples may each take ? 

13. AVhat number must be added to itself, that the 
sum may be six? 

14. If X represents some number, what will repre- 
sent the same number added to itself] 

15. Robert has sixteen apples, which he wishes to 
divide equally between John and himself. How many 
apples will John have? 

16. When a certain number is added to itself, the 
sum is ten. If x represents the number, what will 
represent the number added to itself? To what will 
the number added to itself be equal ? What is the 
number ? 

17. In two classes there are thirty pupils ; and there 
IS the same number of pupils in each class. If % 
represents the number in one class, what expression 
will represent the number in both classes ? To what 
must this expression, that represents the number in 
both, be equal ? AVhat is the number of pupils in 
each class ? 

18. What number must be added to itself, that the 
sum may be twenty-four ? 

19. Add such a number to itself, that the sum shall 
be sixteen. What will represent the number added to 
itself? To what will the number added to itself be 
equal ? What will the number be 7 

20. Add such a number to itself that the sum shall 
be thirty. What will the number be ? 

21. Two boys together have twenty-two cents ; and 
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one has as many as the other. If x represents the 
number of cents that one boy has, what will represent 
the number that both have ? To what will this ex- 
pression be equal? How many cents will each have? 

22. What number must be added to itself, that the 
sum may be twenty ? 

23. There are eighteen chairs standing in two rows, 
with the same number in each row. How many chairs 
are there in each row ? 

24. Divide 12 into two equal parts. If x represents 
one of the parts, what will represent the other? 
What will represent both parts? What will both 
parts equal ? What will one part be ? 

25. George is as old as John, and the sum of their 
ages is twenty-six years. If z be used to represent 
the age of John, what will represent George's age? 
What expression will stand for the sum of their ages ? 
What will this expression equal ? What is the age of 
each? 

26. In the equation 2 a; = 28 cents, what is the 
value of X ? 

27. Anna gave some money to a poor woman, and 
Josephine gave her as much as Anna did. She re- 
ceived from both thirty cents. How many cents did 
each give her ? 

28. If a line, fifty feet long, be cut into two equal 
parts, how long will one of the parts be ? 

29. What number must be added to itself, that the 
Bim may be sixty ? 

30. The number of full barrels in a store is equal 
u the number of empty ones ; and the sum of both 
s forty. How many are there of each kind ? 
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31. In a school of forty pupils, there are as nianj 
boys as girls. How many pupils are there of each sex ? 

32. Twenty-four horses and cows are feeding in a 
pasture, of each an equal number. How many are 
there of each ? 

33. If a line, tliirty-three feet long, be cut into three 
equal pieces, and if x represents one of the pieces, 
what will represent each of the other two pieces? 
What will represent the sum of the pieces ? To what 
will the expression, that represents the sum of the 
pieces, be equal ? How long will each of the pieces be ? 

34. John, Charles, and Caleb, have each an equal 
number of blocks, and together they have twenty-one. 
How many blocks has each ? 

35. Divide fifteen into three equal parts. If x rep- 
resents one of the parts, what will stand for each of 
the other two parts ? What will express the sum of 
the parts ? What will one of the parts be ? 

36. A farmer wishes to put ninety sheep into three 
pastures, so that there may be an equal number in 
each. How many sheep will there be in each pasture ? 

37. George, Anna, and Charles, are to have equal 
shares of twenty-seven peaches. If x represents An- 
na's share, what will represent the share of each of 
the other two ? What will represent the sum of their 
shares ? What will the expression for the sum equal ? 
How many peaches will each have ? 

38. Divide thirty-six plums among three boys, 
giving the same number to each. How many plums 
will each boy receive ? 

39. What number must be added once to itself 
that the sum may be forty 7 

2 
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40. What number must be added twice to itseli 
that the sum may be eighteen ? 

41. Four men contributed equally to purchase k 
cow for a poor neighbor. The cow cost twenty-four 
dollars. How many dollars did each man give ? 

42. AVhat number must be added twice to itself, 
hat the sum may be thirty ? 

43. Divide thirty-six into four equal parts. If x 
equals one part, what will be the sum of the parts? 
Of how many will one of the parts consist ? 

44. What number must be added three times to 
itself, that the sum may be twenty-four 1 

45. If 4 X = 20, what part of 20 will one x equal ? 

46. If a number be added four times to itself, the 
sum will be thirty-five. What is the number ? 

47. What will express the sum of x-f-z-f-x-t-x? 

48. If X, and x, and x, be added, what will be the 
sum? 

49. Express in one term, the sum of x -f- x -|- x -|- 
x-\-x, 

50. How many times x are x -f- x -j- x ? What 
term will express the sum ? 



SECTION HI. 

i. Two cannon balls, one weighing twice as much 
as the other, placed in one scale, are balanced by 
twelve ore-pound weights m the otlier scale. What 
is the weight of each ball ? 
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Let X = the weight of the lighter ball ; 

ihen a; -f- X = 2 z will be the weight of the other ball, 

and z -|- 2 2 = 3 « will represent the weight of both 

balls. 

Both balls, then, will weigh 3 x pounds. 

But, by a condition of the question, the two balls 

weigh 12 pounds. 

Therefore, 3 x pounds must be equal to 12 pounds ; 

expressed thus ; 3 z = 12. 

If 3 z pounds are equal to 12 pounds, 

% pounds, which, is one third of 3 z pounds, 

will be equal to one third of 12 pounds ; 

therefore, z=:4 pounds, the weight of the lighter 

ball ; 

and 2 z = twice 4, which is 8 pounds for the heavier 

ball. 

Or, 

dividing each member of the equation, 

3z = 12, 

by 3, gives the new equation 

z = 4, as above. 

2. If 3 z=: 12, to what part of 12 will z be equal ? 

3. If X be added to 2 z, what term will express their 
sum? 

4. If each member of the equation 5 z = 15, be 
divided by 5, what equation will represent the quo- 
tient ? 

5. If z-f-2z-f-3z be united in one term, what 
will represent their sum ? 

6. Divide nine balls between George and Charles, 
giving to George twice as many as to Charles. How 
many balls will each receive 7 
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Let X represent the undetermined or unknown number 

of balls which Charles is to have ; 
then two times x, or twice the unknown number, will 
stand for the number of balls which George is to 
have. 
\ow, X, or Charles's share, added to 2 x, or George's 
share, will be 3 x, or the number of balls that both 
will have. 

But both together are to have 9 balls ; 

therefore, 3 x balls must be equal to 9 balls ; 

and X balls will be equal to one third of 9 balls ; 

then X = 3 balls, or Charles's share. 

^^ince X, the unknown number, is found to represent 3 

balls, 2 X, or twice the number, will be twice 3 balls : 

therefore, George's share will be 6 balls 

Or. 

dividing the equation 

3x1=9 

by 3, gives the new equation 

X = 3, as above. 

'/ In the equa^i^ x-jr^x = 24, what number is 

represented by x ? 

8. There are two numbers, one of which is twice 
the other, and their sum is fifteen. If x represents 
the smaller number, what will represent the larger 1 
What will express the sum of the two numbers ? To 
what will the sum of the two numbers be equal ? 
What are the numbers ? 

9. Anna is twice as old as Mary, and the sum of 
their ages is eighteen years. What is the age of 
each? 

10. The sum of two numbers is twelve, and one 
is twice the other. What are the numbers 7 
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11. George has twice as many books as Thomas, 
and they both together have twenty-one. How many 
books has each ? 

12. Divide eighteen into two such parts, that one 
part shall be twice the other. If x = the smaller 
part, what will represent the larger ? What will ex- 
press the sum of the parts ? What will the parts be? 

13. Charles and Anna have fifteen blocks for play, 
but Charles has twice as many as Anna. How many 
blocks has each ? 

14 Divide twenty-one into two such parts, that 
one part shall be twice the other. What are the 
parts? 

15. Rollo and Lucy picked up thirty shells on a 
beach, and they wish to divide them so that Lucy 
shall have twice as many as Rollo. How many shells 
can each have ? 

16. There are two numbers, one of which is twice 
the other, and their sum is forty-five. What are the 
numbers ? 

17. Divide thirty-six into two such parts, that one 
shall be twice the other. What will each part be ? 

18. In a pasture there are twenty-four horses and 
cows feeding together, and the number of cows is 
double the number of horses. How many are there 
of each 

19. The sum 'of two numbers is thirty-nine, and 
one is as large again as the other. What are the 
numbers ? 

20. What number must be added twice to itself* 
\hat the sum may be nine ? 

21 Find two numbers, whose sum shall be fbrty* 



1 
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eighl, and one shall be twice the other. What will 
the numbers be ? 

22. What number must be added to twice itself, 
that the. sum may be thirty ? 

23. There are two numbers, one of which is three 
time:5 the other, and their sum is twenty-four. If x 
represents the smaller mimber, what will be the larger ? 
What will express their sum ? What are the num 
bers ? 

24. John and William wish to divide thirtynsix 
cents, so that John shall have three times as many as 
William. How many will each have 1 

25. What number must be added twice to itself 
that the sum may be twenty-one ? 

26. What number must be added to twice itself 
that the sum may be forty-eight ? 

27. The sum produced by adding a number twice 
to itself is twenty-seven. What is the number ? 

28. What number must be added three times to 
itself, that the sum may be thirty-two 1 

29. Robert and Mary wish to share forty peaches, 
so that Mary may have three times as many as Robert. 
How many can each have ? 

30. The sum of two numbers is sixty, and one is 
four times the other. What are the numbers ? 

31. If thirty-six be divided into three equal partd, 
what will one of the parts be ? 

32. What number must be added four times to 
itself, that the sum may be thirty-five ? 

33. The number of cows and sheep together in a 
farm-yard is seventy-five, and there are four times as 
many sheep as cows. How many are there of each ? 
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34. Find two numbers whose sum will be seventy- 
two, and one will be five times the other. What are 
the numbers ? 

35. Divide eighty-four into two such parts, that one 
shall be six times the other. What will one of the 
parts be 7 

36. There are seven times as many sheep as lambs 
in a pasture, and in all there are ninety-six. How 
many are there of each ? 

37. There are two numbers, one of which is eight 
times the other, and their sum is fifty-four. What 
are the numbers ? 

38. What number must be added to nine times it- 
lelf, that the sum may be one hundred and thirty ? 

39. A man and a boy together receive for theL' 
work fifty-five dollars ; and the man's share is ten 
times as large as the boy's. How many dollars does 
each receive ? 

40. If X be multiplied by 3, what expression will 
represent the product ? 

41. If X be multiplied by 7, what will express the 
product ? 

42. If 7 be multiplied by x, what will express the 
product 1 

43. What is the product of 9 multiplied by z ? 
4*1. What is the product of x multiplied by 9 ? 

45. What will represent the product of x times 5 ? 

46. What expression will represent x times 12 ? 

47. If 3 x be added to 4 «, what will represent their 
lum? 

48. What will express the sum of 2x4-3x4"^*^ 
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49. What one term will represent the sum of 
^x + Sx + xl 

50. Two men, working for a dollar a day, receive 
one hundred and thirty-two dc^lars for their labor. 
A worked eleven days to B's one. If x represents the 
number of days B worked, what will represent the 
days A worked 1 What will express the number of 
days both worked ? If each received 1 dollar for a 
day's work, what will express the number of dollars 

L he received for x days? If A received x dollars for 
working x days, what will express the number of 
dollars he received for working 11 a; days ? What ex- 
pression will represent the dollars both received, and 
to what number of dollars must this expression be 
equal ? How many days did each work, and how 
many dollars did each receive ? 

51. The sum of two numbers is two hundred; and 
one is nineteen times the other. If x represents the 
smaller, what will stand for the larger? What are 
the numbers ? 

52. One of two numbers is twelve times the other, 
and their sum is thirty-nine. What are the numbers ? 

53. Divide one hundred and fifty dollars between 
two men, giving one fourteen times as many as the 
other. How many dollars will each receive ? 

54. George and' Charles paid eighty cents for a 
sled ; but George paid fifteen times as much as 
Charles. What did each pay ? 

55. A man paid one hundred and twenty dollars 
for a horse and saddle, and the horse cost nine times 
as much a? the saddle. How many dollars did he 
pay for each 1 
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56. What number must be added to nineteen times 
itself, that the sum may be one hundred ? 

57. Find the sum of 3 2 + 6 a; + 12 2. 

58. What is the sum of x-f-22; + 42? 

59. Unite the following terms ; a; -|- 3 2 + 9 x. 

60. Express in one term the sum of2x+8x-|-x 

61. What isthe sumof 5x + 10x + 15x? 

62. Three to be multiplied by x, by using X, the 
sign of multiplication f may be expressed thus; 3 X JK 
What will the expression be afler the multiplication is 
performed ? 



SECTION IV. 

1. One cannon ball and two one-pound weights m 
one scale, are balanced by six one-pound weights in 
the other scale. What is the weight of the ball ? 

Let X represent the weight of the ball. 
Then x pounds plus 2 pounds will be the number of 

pounds in one scale. 
Since these balance the six pounds in the other scale, 
X pounds and 2 pounds are equal in weight 
to 6 pounds ; that is, 
X + 2 = 6. 
Now, if 2 pounds be taken out of the scale contain- 
ing the ball and 2 pounds, it is evident that 2 
pounds must be taken out of the scale containing 
the 6 one-pound weights, that the balance or equal* 
ity may be preserved. 
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Thus the hall alone in one scale balances the 4 pounds 

in the other. 

If 2 be taken from each member of the equation, 

x + 2=zz6, 

the equation will be, a; + 2 — 2 = 6 — 2, orx = 4. 

Therefore the weight of the ball is 4 lbs. 

2. If 2 be taken from the expression 2 + ^» ^^^^ 
will be the remainder ? If 2 be taken from 6, what 
will be the remainder ? 

3. If 2 be taken from each member of the equa- 
tion a: -f- 2 = 6, what equation will express the re- 
mainder ? 

4. If 5 be taken from each'member of the equation 
2; -f-5 = 13, what equation will represent the remain- 
der? 

5. George gave two apples to Charles, and then 
Charles had seven. IIow many had Charles before 
he received the two from George? 

6. If 4 be taken from each member of the equa- 
tion a: -[- 4 = 9, the subtraction may be expressed 
thus ; x -[■ 4 — 4 ^^ ^ — 4* What will the equation he, 
after the terms are united ? 

7. Anna says, " If you give me three more books, 
I shall have fifteen." How many has she now ? 

8. A purse lacks five cents of being filled, and it 
will hold twenty cents. How many cents are in it? 

9. A room contains twenty-four chairs, and only 
six are empty. ■ How many are occupied ? 

10. What number is that, to which if six be added, 
the sum will be fifteen ? 

11 The sum of two numbers is ten, and the 
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larger number is two more than the smaller. What 
are the numbers ? 

Let X represent the smaller number ; 

then X + 2 will be the larger ; 

and « -f- aj + 2, or 2 a; + 2, will be the sum of the 

numbers. 

Therefore, 2 2 + 2 = 10. 

Subtracting 2 from each member of the equation, 

gives 

2x + 2 — 2=10 — 2; 

uniting terms, 2 2 =: 8. . 

Dividing each member of the equation by 2, gives 

z z= J zz: 4, the smaller ; 

then z -}- 2 ;i:i 6, the greater. 

12. The larger of two numbers ,is five more than 
the smaller, and their sum is seventeen. What are 
the numbers ? 

13. There are eight books on a shelf; a part be- 
longing to Mary, and the remainder to Anna ; but 
Mary owns two more than Anna. How many belong 
to each ? 

14. Divide twenty-three chestnuts between John 
and James, giving to James five more than to John. 
How many will each have ? 

15. " Father," says Thomas, " if I had ten cents 
more, I could buy a new sled ; but the carpenter will 
not make me one for less than a dollar." How many 
cents has Thomas ? 

16. A railroad car has seats for sixty- persons, and 
all the seats, except eight, are filled. How many 
passengers are in the car t 

17. George and Charlei together had twenty-two 
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cents, but George had four more than Charles. How 
many had each ? 

18. The sum of two numbers is twenty, and their 
difference is six. What are the numbers ? 

19. James travels nine miles more than William, 
and the distance both travel is forty-nine miles. How 
far does each travel ? 

20. The sum of two numbers is twenty-five, and 
the larger is seven more than the smaller. What are 
the numbers ? 

21. Put forty-one apples into two baskets, so that 
one basket shall contain eleven more than the other. 
How many will you put into each basket ? 

22. There are two numbers, one of which is 
twelve greater than the other, and their sum is thirty- 
two. What are the numbers ? 

23. Divide thirty-five into two such parts that the 
larger shall be nine more than the smaller. What is 
each part 1 

24. George has seven books more than Mary ; tcoA 
they both have twenty-nine. How many has each 1 

25. Two men, A and B, wore thirty miles apart, 
and travelled towards each other till they met. They 
then found that A had travelled six miles more than 
B. What distance did each travel ? 

26. The difference between two numbers is thir- 
teen, and their sum is twenty-seven. What are the 
numbers ? 

27. There are two numbers, one of which is seven 
more than the other, and their sum is twenty-three. 
What are the nurcdJers ? 

28. The sum of three numbers is thirty-six. The 
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first is two more than the second, and the third four 

more than the second. What are the numbers ? 

Let X •=. the second number ; 

then the first will be 2 + '^j 

and 2; -[- 4 will represent the third. 

Then a;"-}- 3? -f- 2 -|- z -|- 4 will express their sum. 

But their sum is, by the question, 36 ; 

therefore, 3z + 6 = 36. 

Subtracting 6 from each member of the equation, gives 

3a:4.6 — 6 = 36 — 6; 

uniting terms, 3 x = 30. 

Dividing each member of the equation by 3, gives 

X = 10, the second number ; 

then X -[- 2 = 12, the first number ; 

and X -|- 4 = 14, the third number. 

29. Three boys have thirty-two books. John has 
three more than James, and William two more than 
John. How many has each t 

30. George, Charles, and Robert, together, have 
forty-eight pears. George has two more than Charles, 
and Robert has as many as George and Charles both. 
How many has each ? 

31. The sum of three numbers is fifty-two. The 
first is'twice the second, and the second is four more 
than the third. What are the numbers ? 

32. Three men spend sixty-three dollars. A spends 
three dollars more than C, and C spends twice as 
many as B. How many dollars does each spend ? 

33. Divide the number forty-one into three such 
parts that the greatest shall be seven more than the 
least, and the third four more than the least. What 
are the parts "^ 
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SECTION V. 

1. After giving away three books, George founa 
he had seven left. How many had he at first? 

Let % represent his number of books at first ; 

then X — 3, that is, x less 3, will equal the number ho 

had left. 

But he had 7 books left. 

Therefore, by a condition of the question, x — 3 = 7. 

If 2, with 3 taken from it, is equal to 7, x itself must 

be equal to 7 and 3 more.; 

that is, x = 74-3; 

or X = 10 books, the number he had at first. 

Or, 

adding 3 to each member of the equation. 

x — 3 = 7, 

gives 2 — 3 + 3 = 7 + 3. 

Uniting terms in each member, gives 

a; = 10, as above. 

2 Anna lost four needles, and now has nine left. 

How many had she at first ? 

3. Charles gave seven cents to a poor woman, and 
then had twelve left. How many had he at first ? 

4. Robert lost twelve pens, and has seventeen left. 
How many had he at first ? 

5. Mary has eaten nine plums, and she still has 
sixteen in her basket. How many had she at first ? 

6 Thomas took seventeen cents from his purse, 
and then there were ten remaining in it. How many 
-cents were in the purse at first ? 

7. What number is that, firom which if eleven be 
taken, the remainder will be thirteen ? 
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8. From what number must seven be taken, thai 
thirteen only may remain ? 

9. Jane has three less than Mary, and both together 
have eleven books. How many has each? 

Let X represent Mary's share; 

then z less 3, that is, x — 3, will stand for Jane's share, 

and x-^x — 3, that is, 2 a; — 3, will represent 

what both have. 

But both have 11 books; 

therefore, 2 X — 3=11. 

If 2 z less 3 is 1 1, 2 x must equal 11 and 3 more, 

that is, 2 aj = 11 + 3, which is 14. 

[f 2 2 = 14, then x will equal J of 14, which is 7 ; 

therefore a; = 7 books, or Mary's share ; 

and X — 3 = 4 books, or Jane's share. 

Or, 

since 22; — 3z= 11, 

adding 3 to each member of the equation, gives 

2x — 3 + 3 = 11 + 3. 

Uniting terms in each member, 2 a; = 14 ; 

dividing each member by 2, 2 = 7; 

and X — 3 = 4, as above. 

10. Lucy and Anna had each an equal number of 
pictures. After three were taken from Anna, both 
together had only seventeen. How many had each ? 

Let X represent Lucy's number of pictures: 
then X will also equal the number Anna had at first, 
and X — 3 =: the number Anna had remaining, aftei 

three pictures were taken from her. 
Then a; + a; — 3 =: the number both together had, aftei 

three were taken from Anna. 
But both had 17, after three were taken from Anna ; 
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therefore, by the conditions of the question, 

2x — 3z=17. 

Adding 3 to each member of the equation, gives 

2a; — 3 + 3=17 + 3,- 

uniting terms in each member, 2 x = 20. 

Dividing each member by 2, gives 

% ■=. 10, or Lucy's number of pictures, 

uid X — 3 = 7, or the number Anna had remaining. 

11. Josephine and Georgiana had each an equal 
ndmber of dolls ; but Georgiana gave away five of 
her dolls, and now both together have but eleven. 
How many had each at first, and how many has each 
now? 

12. John and William together have twenty cents. 
John lacks only seven of having twice as mauy as 
William. How many has each ? 

If X z=: William's share, then 2 a; — 7 = John's share. 

13. Eliza and Sarah bought a doll for twenty-six 
cents. If Sarah had paid four cents more, she would 
have paid twice as much ajs Eliza. How much did 
each pay ? 

14. A man and a boy together have thirty dollars. 
If the man had two dollars more, he would have three 
times as many as the boy. How many dollars has 
each ? 

15. The difference between two numbers is seven. 
Now, if 2 be put for the greater, what will stand for 
the smaller ? What will represent their sum ? 

16. If the sum of the two numbers in the 15th 
questfcn be thirteen, what will be the numbers ? 

17. If the sum of the two numbers in the 15th 
question be nine, what will be the nuitibers t 
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18. The sum of two numbers is twelve, and their 
difference is four. What are the numbers ? 

19. The sum of two numbers is thirty-three, and 
the greater lacks three of being equal to three times 
the smaller. What are the numbers ? 

20. The sum of two numbers is twenty-seven, and 
the greater lacks twelve of being twice the smaller. 
What are the numbers? 

21. The sum of two numbers is fifty, and the 
greater is only ten less than four times the smaller. 
What are the numbers ? 

22. The united ages of a fathpr and son are thirty- 
four years, and the father lacks anly two years of being 
five times as old as the son. What was the age of each ? 

23. George and Mary together have written forty- 
five copies in school. If Mary had written three 
copies more, she would have written three times as 
many as George did. flow many did each write'? 

24. The sum of two j^jjimbers is sixty-seven, and 
the greater lacks five of being-eeven times the smaller 
What are the numbers ? ^^ * 

25. The united ages jof a 'gentleman and his two 
sons are fifty-two years. The elder son is three times 
as old as the younger ; tlie father's age lacks but eight 
years of being twice the sum of the united ages of 
both sons. What is the age of each ? 

26. If % less three is equal to seven, how many 
must be added to seven to make it equal to x ? 

27. If x — 3 be added to a; — 3, what will be the 
sum? 

3 less than x added to 3 less than x, will be 6 less 
than 2 z, or 2 x less 6. 
3 
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28. If a: — 3 be multiplied by 2, what will the 
product be ? 

29. If X — 3 be multiplied by 3, what will the 
product be? 

30. If x — 3 be multiplied by 5, what will the 
product be ? 

31. If 2z — 7 be multiplied by 4, what will the 
product be ? 

32. When x — 8=12, what must be added to 12 
that the sum may be equal to x ? 

33. When x less 8 plus 8 is equal to 12 plus 8, 
[r what is the value of z ? 



SECTION VI. 

1. Adeline bought an. equal number of pears and 
peaches for nine cents, paying one cent for each pear, 
and two cents for a peach. How mhny of each did 
she buy ? 

Let X represent the number of pears ; 

then X will also stand for the number of peaches. 

She bought x pears, and x peaches. 

She paid x times 1 cent for the pears, and x times 2 

cents for the peaches. 

But X times 1 cent is x cents, 

and z times 2 cents, being twice as many as x times 

1 cent, will equal 2 x cents ; 

then x-\'2x=zS x cents, wUl represent the number 

of cents she gave for all the pears and peaches. 
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Bat she gave 9 cents for all of them. 

Therefore, by the conditions of the question, 

32; = 9. 

Dividing each member of the equation by 3, gives 

X =: 3, the number of each that she bought. 

Ans. 3 pears and 3 peaches. 

2. George bought lead pencils at two cents, and 
slate pencils at one cent apiece, of each an equal 
number. They cost him fifteen cents. How many 
of each did he buy ? 

3. A boy bought as many pen-holders as writing- 
books ; paying three cents for a pen-holder, and six 
cents for a writing-book. How many of each did he 
buy for twenty-seven cents? 

4. A farmer sold as many barrels of apples as of 
cider, and received for the whole twenty dollars. He 
sold the apples at two dollars a barrel, and the cider 
at three dollars a barrel. How many barrels of each 
did he sell ? 

5. George and Henry together paid twenty-eight 
cents for oranges, and each bought an equal number 
But George paid at the rate of three cents, and Henry 
at the rate of four cents, apiece. How many oranges 
did each buy, and how many cents did each pay for 
his oranges? 

6. A farmer sold as many sheep as calves ; receiv- 
ing two dollars for a sheep, and four dollars for a calf. 
He sold them all for twenty-four dollars. How many 
of each did he sell ? 

7. Two men keep the:/ cows in a hired pasture, 
for which they pay forty-twc iollars a year. One has 
two cows and the other has ^ve cows. How much 
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does it cost to Keep each cow, and how many dollars 
does each man pay ? 

8. A farmer gave his laborers sixty-three dollars; 
paying each man six dollars, and each boy three dol- 
lars. There were as many men as boys. How many 
boys were there ? 

9. Martha bought melons and oranges, of each an 
equal number, for forty-eight cents, giving ten cents 
for a melon and two for an orange. How many of 
each did she buy ? 

10. A man bought cows at eighteen dollars apiece, 
and sheep at two dollars, of each an equal number. 
How many of each did he buy for one hundred 
dollars? 

11. Charles has his money in cents and half-dimes, 
of each an equal number. The whole of his money 
amounts to thirty-six cents. How many copper and 
how many silver pieces of money has he ? 

12. Zealous has his money, amounting to fifty-five 
cents, in two kinds of coin, namely, cents or copper 
pieces, and dimes or silver pieces, worth ten of the 
copper pieces. He has as many silver pieces as he 
has copper pieces. How many pieces of each kind 
has he ? 

13. Frederic has his money in dimes, half-dimes, 
and cents ; and he has the same number of pieces ox 
each kind of coin. The value of all the pieces is 
eighty cents. How many pieces of each kind has he ? 

14. Nichols bought an equal number of apples, 
Jemons, and oranges ; paying one cent for an apple, 
two for a lemon, and three for an orange. How many 
of each did he buy for twenty-four cents ? 
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Let X represent the number of each 

4.S he gave 1 cent for one apple, x apples cost x cents ; 

as a lemon cost 2 cents, x lemons cost 2 x cents; 

and X oranges, at 3 cents apiece, cost 3 x cents. 

Then x-|-2x-4-3a; = 62 cents, the cost of all he 

bought. 

But he paid for (ill 24 cents. 

Therefore, by the conditions of the question, 

6a; = 24; 

and, dividing each member by 6, x =^ ; 

that is) a; is 1^ of 24, which is 4. 

Then he bought 4 apples, 4 lemons, and 4 oranges. 

15. The sum of three numbers is sixty-three. The 
first is twice the second, and th6 second is twice the 
third. What are the numbers ? 

16. A horse, saddle, and bridle, together, cost one 
hundred and forty-four dollars. The saddle cost twice 
as much as the bridle, and the horse three times as 
much as the saddle and bridle together. What was 
the cost of each ? 

17. A man deposited in a Savings Bank, at differ- 
ent times, three several sums of money, amounting to 
seventy dollars. The first time he put in twice as 
much as he did the second time, and the third time 
twice as much as he did the first time. How many 
dollars did he deposit each time ? 

18. A boy has peaches, ptears, and apples, of each 
an equal number ; and they cost him forty-eight cents. 
He gave twice as much for a pear, and three times as 
much for a peach, as he did for an apple; and, an 
apple cost one cent. How many had he of each? 
What did all of each kind cost ? 
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19. Three men, A, B, and C, keep their cows in 
the same pasture, and together pay fifty-six dollars for 
the use of it. A has one cow, B has three, and C 
has as many as A and B together. What was the cost 
for each cow, and what did each man pay ? 

20. A boy has three times as many plums as pears, 
and twice as many pears as peaches ; in all, fifty-four 
How many has he of each kind ? 

-I. Anna, Lucy, and Mary are to share sixty dol 
*ars. Anna is to have two, and Lucy three dollars, to 
Mary's one. How many dollars will each have ? 

22. Charles has some apples ; George has twice as 
many as Charles ; and Peter three times as many as 
George. Now, if x be put for the number which 
Charles has, what will stand for the respective shares 
of George and Peter? and what will represent the 
sum of their shares, or the whole number of apples? 

23. If the ivhole number of apples in the 22d 
question be ninety, what will be the value of x, and 
how many apples has each boy ? 

24. If the value of x, ia the 22d question, be nine, 
how many apples wili^ach boy have ? 

25. Robert gave one half of his money for quills, 
at a cent apiece, and the other half for quills, at the 
rate of three for a cent. He bought thirty-six quills. 
How much money had he ? 

L^t X = one half of his money. 

At a cent apiece, for x cents he bought x quills. ■ 

At 3 quills for a cent, for x cents he got throe times 

as many quills .as he did at the rate of 

one quill for a cent 
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Then, {or the other half of his money, he got 3 x quills, 

and he bought, in all, x quills and 3 x quills. 

But he bought 36 quills ; 

therefore, x -|- 3 a;, or 4 x = 36. 

Dividing each member by 4, x = 9 cents, or half M 

his money. 

Then 2 x = 18 cents, the whole of his money. 

26. A girl bought some oranges for forty-five cents, 
paying two cents apiece for one half of them, and 
three cents apiece for the other half. How many did 
she buy at each price, and how many in all ? 

27. A man bought a number of sheep for twenty- 
seven dollars. Half of them cost a dollar apiece, and 
the other half two dollars apiece. How many did he 
buy? 

28. One man travelled four miles an hour, and 
another five miles. Each travelled the same number 
of hours. The sum of the distances which they trav- 
elled was seventy-two miles. How many hours and 
miles did each travel ? 

29. Two men are seventy miles apart, and are 
travelling towards each other. One travels three 
miles an hour, and the other four miles an hour. In 
how many hours will they meet ? and what distance 
does each travel ? 

30. A boy bought fifty-four plums and grapes, pay- 
ing an equal sum of money for each kind of fruit. 
The plums cost at the rate of a cent for two, and the 
grapes a cent for four. How many of each kind did 
he buy t and how much money did all cost ? 
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SECTION VII. 

1. Charles has half as many books as George, and 

they both have nine. How many books has each ? 

Let X = George's number of books ; 

then Charles's number will be one half of x, 

which is X divided by 2, and it may be written thus, -- ; 

then 2 -|- -7- will represent the whole number of books 

But the whole number of books is 9 ; 
therefore, by the conditions of the question. 

But X = — , or two halves of x, 

2 

J 2 .T , X ' 3x 

and =: — : 

2 ' 2 2 ' 

therefore, — - = 9. 
2 

K three halves of x are equal to 9, one half of x must 

be one third of '9, which is 3, or Charles's number 

of books. 

If one half of x is 3^ the whole of x will be twice 3, 

which is 6, or George's number of books. 

Again, 

since -^ =: 9, or one half of 3 x is 9, 

the whole of 3 x is twice 9, which is 18 ; 

therefore, 3 z = 18. 

If 3 2 = 18, X will be one third of 18, which is 6 

then X = 6, or George's number of books^ 

and — z= 3, or Charles's, &c. 
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Or. 

Since — = 9, 

2 

multiplying each member of the equation by 2, gives 

3x=18. 

Dividing each member of this last equation by 3, gives 

a: =1 6, as above. 

2. If — = 6, what will — , or one fourth of z, equal t 

What will X equal ? 

3 X 

3. If each member of the equation — zz: 6 be mul- 
tiplied by 4, what equation will express the product ? 

4. If each member of the equation 3 x = 24, be 
divij^ed by 3, what equation will express the quotient ? 

2 X 

5. In the equation — = 6, what is the value of x ? 

that is, what number does x represent ? 

6. Ih two classes there are fifteen pupils, and the 
grammar class is half as large as the reading class. 
How many pupils in each class X 

7. Anna. and Charles together have twenty-seves 
pens, and Charles has half as many as Anna. How 
many has each ? 

8. Robert is half as old as Mary, and the sum of 
their ages is twenty-one. What is the age of each ? 

9. In an orchard of thirty trees there are half as 
many cherry-tiees as pear-trees. How many trees 
are there of each kind ? 

10. The sum of twQ numbers is eighteen, and one 
» half as large as the other. What are the numbers ? 

Let X = the larger, &c. 

11. Divide twenty-four into two such parts, that 
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one shall be half of the other. What will the partB 
be? 

12. One number is half as large as another, and 
their sum is thirty-nine. What are the numbers? 

13. What number must be added to half of itself, 
that the sum may be thirty-three ? 

14. What number must be added to half of itself, 
that the sum may be forty-two ? 

15. Add such a number to half of itself, that the 
sum may be thirty. What will the number be ? 

16. A number and half of the same number added- 
together are thirty-six. What is the number ? 

17. What number must be added to a third part 
of itself, that the sum may be twenty ? , 

18. The sum of two numbers is thirty-two, and 
one is a third part of the other. What are the num- 
bers ? 

19. Divide thirty-five into two such parts, that one 
part shall be one fourth of the other. 

20. A and B, in partnership, gain thirty-six dollars. 
A put into the firm half as inuoh money as B, and 
shared proportionally in the gain. What was each 
one's share of the gain ? 

21. A man sold a knife for thirty cents, by which 
he gained one fourth of the cost. How much did it 
cost ? 

22. In a school of forty-five pupils, there are one 
fourth as many girls as boys. How many of each 
sex ? 

23. One number fa one fifth of another, and thfir 
sum is forty-two. What are the numbers ? 

)24. A man sold a horse for fifly-six dollars, bj 
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v^hich he gained one sixth of what the horse cost 
What was the cost of the horse ? 

25. A put into the firm one fiflh as much money 
as B; they gained seventy-two dollars. What was 
each one's share of the gain t 

26. What number must be added to one eighth of 
itself, that the sum may be ninety ? 

27. The sum of two numbers is forty-eight, and 
one is one seventh of the other. What are the num- 
bers ? 

28. If you count the lambs with the sheep, you 
will find one hundred and eight in the flock, and 
there is one eleventh as many lambs as sheep. How 
many of *each V 

29. The sum of two numbers is ninety-nine, and 
one is one tenth of the other. What aje the num- 
bers? 

30. What number must be added to one ninth of 
itself, that the sum may be one hundred ? 

31. Mary has one sixth as many books as Anna, 
and they both have forty-nine. How many books has 
each? 

32. Divide eighty into two such parts, that one 
part shall be one ninth of the other. What will the 
parts be ? 

33. Two men gained sixty dollars, and one gained 
ope fiflh as much as the other. What was the gain 
of each ? 

34. A man, by selling his cow for thirty-two dol- 
lars, gained one seventh of what she cost him. How 
many dollars did she cost ? 

35. The sum of two numbers is fifly-six, and one 
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seventh of one number is equal to the whole of the 
other. What are the numbers ? 

Let X = the greater ; 

then — =: the less. 
7 

36. Two men together have twenty-five hundreds 
of dollars, and A has one fourth as many hundreds as 
B. How many hundreds has each ? 

Let X = the number of hundreds that B has, &lc' 

37. A man sold a house for twenty-four hundreds 
of dollars, by which bargain he gained one fifth of 
what the house cost him. How many hundreds of 
dollars did he gain ? u . • 

38. There were only ninety-nine sound oranges in 
a box bought by two boys ; but Daniel paid only one 
eighth partes much as Frederic. How many oranges 
ought each to have ? 

39. What number must be added to one fifteenth 
of itself, that the sum may be sixty-four ? 

40. A brother and sister inherit an estate which 
sold for sixteen thousands of dollars ; but by their 
father's Will, the brother is to have only one third as 
much as the sister. How many thousands of dollars 
will each have ? 

4L Divide fifty-six hundreds into two such parts, 
that one part shall be one seventh as many hundreds 
as the other. How many hundreds will each part be ? 

42. Anna and Mary are to share twenty chestnuts, 
and Mary is to have two thirds as many as Anna. 
How many will each hare ? 

43. John is three fourths as old as Robert, and 



^7.] INTELLECTUAL ALGEBRA. 45 

the sum of their ages is twenty-eight. What is the 
age of each ? 

44. The sum of two numbers is thirty-two, and one 
is three fifths of the other. What are the numbers ? 

45. One number is five sixths of another, and 
(heir sum is seventy-seven. What are the numbers ? 

46. What number must be added to two ninths of 
itself, that the sum may be fifty-five ? 

47. A man sold a yoke of oxen for ninety dollars, 
by which he gained two sevenths of what they cost 
him. How much did the oxen cost? and how much 
did he gain? 

48. In a school there are thirty-nine pupils, and 
there are five eighths as many studying algebra as 
there are studying arithmetic. How many in each 
study ? 

49. What number is that to which two thirteentlw 
of itself must be added, that the sum may be sixty ? 

50. Divide fifty-four into two such parts, that one 
part shall be only two sevenths as large as the other. 
What will the parts be ? 

51. A horse and cow together cost ninety-six dol- 
lars, and the cow cost three fifths as much as the 
horse. What was the cost of each ? 

52. A and B, in partnership, gain eighty-four dol- 
lars. A put into the firm three fourths as much money 
as B, and they are to share the profits in the same pro- 
portion. How many dollars can each have ? 

53. The sum of two numbers is forty-five, and one 
Qumber is four elevenths of fjie other. What are the 
Qumbers ? 
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54. What number must be added to five ninths ^ 
itself, that the sum may be twenty-eight? 

65. If one third of x be added to one third of t. 
how many thirds of x will the sum be? and what 
term will express it ? 

56. In ^ of a;, f of a;, and f of z, there are how 
many fourths of a; ? and what term will express their 
sum? 

57. What is the sum of ^ of z, f of z, and | of x ? 

58. In X and ^ of z there are how many fifths of 
r? What term will express the sum? 

59. If z be added to \ of z, what term will express 
the sum ? 

60. What term will express the sum, if f of z be 
added to ^ of z ? 

3 37 5 jc 7 jc 

61. If the expression, 1 1 , be reduced to 

8 8 8 

one term, what will express the sum ? 

62. How many ninths of z in 

what term will express the sum ? 

9 3? 7 * 

63. Reduce the expression x-\ 1 , that is, 

unite the terms in one term. What will that term 
be? 

64. Reduce to one term the expression 

i ' 1 ' 4 
What will the term be ? 



4 3* 2 cc 

62. How many ninths ofzin2z-| l"T~^ ^°^ 
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SECTION VIII. 

1> George has four pears, which is one half as 
many as Anna has How many has Anna? 

Let X represent Anna's number of pears ; 

then — , or x divided by 2, equals George's pears 

But George has 4 pears ; 
therefore, by the conditions of the question, 

.^ = 4. 

2 

If one half of x is equal to 4, the whole of x is equal 

to 8; 

therefore, Anna has 8 pears; 

Or, 

since — = 4, 

2 

multiplying each member of the equation by 2, gives 
x = 8, or Anna's pears. 

2. Charles has eight arrows, which is one third as 
many as George has. How many has George ? 

3. A man has ten oxen, which is two thirds of the 
number of his cows. How many cows has he ? 

4. One boy has eighteen oranges, which is three 
fourths as many as another boy has. How many has 
the other 1 

5. Twelve is three fifths of what number ? 

6. The smaller of two numbers is twenty, and it 
is five eighths of the larger. What is the larger 
number ? 

7. A man sold a cow for twenty-four dollanT, which 
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was six sevenths of what sho cost Wnu. How much 
did she cost him, and what did he lose ? 

8. In a pasture there are six horses, which is two 
ninths of the number of bheep in the same pasture. 
How many sheep are in the pasture ? 

9. George has sixty-four cents, which is four fifths 
of the money in Edward's purse. How many cents 
are in Edward's purse ? 

10. One number is five eighths of another, and the 
smaller is thirty-five. What is the larger number ? 

11. There are two numbers, the smaller being 
seven twelfths of the other, and the smaller is twenty- 
one. What is the larger number ? 

12. A man sold his horse for seventy-two dollars, 
which was eight ninths of what the horse cost him. 
How much did the horse cost ? and how much did he 
lose by his bargain ? 

13. A part of William's money is twenty-four 
cents, and he says it is three sevenths of all he has. 
How much has he ? 

14. The smaller of two numbers is twenty-eight, 
and it is seven twelfths of the larger. What is the 
larger ? 

15. Charles has thirty cents in his hand, and this 
is five sixths of the sum in his purse. How many 
cents are there in his purse ? 

16. One number is four, and it is two thirteenths 
of another. What is the other number ? 

17. Anna gave away six books, which was two 
ninths of all she had. How many had she ? 

18. j^orge gave to a poor woman fourteen cents. 
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nrhich was seven eighths of all he had. How mnnj 
had he ? 

19. How many fifths of x are there in the whole 
of I? 

20. If two fifths of X be taken from the whole of x, 
how many fifths of x will remain ? ^ 

21. A boy, after eating two fifths of his plums, 
found he had twelve plums remaining. What num- 
ber had he at first, and how many did he eat 1 

22. Jn the whole of x there are how many elev- 
enths of X ? 

23. If from eleven elevenths of x, eight elevenths 
of X be taken, what part of x will remain 1 

24. A farmer took a load of melons to market, 
and, after selling eight elevenths of them, found he 
had twenty-one remaining. How many did he take 
to market? 

25. Six feet of the length of a pole are under 
ground, and two thirds of the pole are above ground. 
How long is the pole ? 

26. Twenty-eight, the smaller of two numbers, is 
four ninths of the other. What is the larger number ? 

27. A pole is three fourths under water, and there 
are seven feet out of water. How long is the pole ? 

28. A man sold a cow for three fourths of what 
she cost him, and by so doing lost six dollars. What 
did she cost, and for how much did he sell her ? 

29. A man, going a journey, travelled three fifths 
of the distance before dinner, and by going twenty 
miles after dinner, he finished his journey. How 
long was the journey ? 

30. A man sold a horse for nine tenths of what ♦K's 
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horse cost him, and by the bargain he lost ten dollars. 
What did the horse cost f and for how much was he 
sold? 

31. Eight is one third of what number ? 

32. Nine is three fourths of what number ? 

33. - A boy gave away four fiflhs of his money, and 
nad six cents remaining. How much money had he 
at first ? 

34. William is nine years old, and his age is three 
fifths of Mary's. How old is Mary ? 

35. A boy, by permission of his father, sold his 
sled for nine elevenths of what it cost. him, and by 
doing so he lost twenty-four cents. What did the 
sled cost ? and for how much did he sell it 1 

36. A man, after spending five eighths of his 
money, found he had twenty-one dollars remaining. 
How much money had he at first ? 

37. A girl took four ninths of her money from her 
purse, and then there were thirty cents remaining in. 
it. How much money was in the purse at first ? 

38. A teacher, having dismissed ten of his pupils, 
found only three fifths of his school remaining. Of 
how many pupils did the school consist ] 

39. A man sold a carriage for four fifths of what it 
cost him, and by so doing he lost one hundred dol- 
lars. What did it cost him ? and for how much did 
he sell it ? 

40. One number is four sevenths of another num- 
ber, and the smaller i$ sixteen. What is the larger 
number ? 

41. Sixteen is four elevenths of what number ? 

42. Twenty-seven is nine tenths of what number t 
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43. One number is four ninths of another, and 
their difference is fifteen. What is the larger num 
ber? 

Let X = the larger number, 

4 z 

and — will be the smaller number. 

5 (T 

Then — = the difference between the numbers. 

But the difference is 15 ; 
therefore, by the conditions of the question, 

5i=15. 

9 

Dividing each member by 5, gives 

Multiplying each member by 9, gives 

xz=z27. 

Then the larger number is 27, 

4 X 

and — = 12, the smaller number. 
9 ' 

44. If you saw off from a sloop's mast two nintlis 
of its whole length, and find the remainder seventy 
feet long, how long was the mast at first ? 

45. If you take from a basket of apples two 
sevenths of the whole number in it, fifty apples will 
remain in it. How many apples were in it at first? 

46. One number is three tenths of another, and 
their difference is forty-nine. What are the numbers T 

47. Henry sold three eighths of his hens, and had 
fifteen remaining. How many had he before he sold 
any? 

48. Forty-eight is six elevenths of what number ? 

49. Sixty-three is seven ninths of what number ! 
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50 One man is three fourths as old as another 
and the difference of their ages is ten years. What 
is the age of each ? 

Let X = the age of the elder, &c. 

Then — = the difference of their ages. 

51. One drove of cattle is three fifths of another, 
and the difference between the two droves is twenty- 
four. How many are there in each drove ? 

52. In one flock there are seven eighths as many 
sheep as there are in the other flock, and the smaller 
flock has in it ten less than the larger. How many 
in each flock ? 

53. Charles lost three eighths of his money, and 
then had only forty-five cents. How much money 
had he before his loss? 

54. One number is three fourths of another, and 
the difference between them is six. What are tb« 
numbers ? 

55. One number is four fifths of another, and if 
seven be added to the smaller, It will be equal to the 
larger. What are the numbers ? 

56. The difference between two numbers is twenty- 
four, and one is three elevenths of the other. What 
are the numbers ? 

57. To three fourths of what number must five be 
added that the sum may be equal to that number ? 

58. If to one third of some number twelve be 
added, the sum will be equal to the number itself. 
What is the number ? 

59. If five be added to six sevenths of a man^s 
age, the sum will be his age. How old is he? 
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60. Anna's age is three fifths of Mary's, and the 
difference of their ages is four. What are their ages ? 

61. The difference between two numbers is 
eighteen, and one is five eighths ef the other. What 
are the numbers ? 

62. Thirty is five sevenths of what number ? 

6^. Sixty-'six is eleven twelfths of what number ? 

64. What part of x must be added to two thirds 
of a;, that the sum may equal the whole of x ? 

65. What part of x must be added to three sevenths 
of X, that the sum may be the whole of x ? 

66. In one half of x there are how many fourths 
of xt 

67. In one third of x there are how many sixths 
of X? 

68. How many sixths of x are there in two thirds 
ofxt 

69. How many ninths of x in one third of x ? 

2 X 

70. Two thirds of x may be expressed thus, — ; 

that is, 2 X divided by 3. How will you express three 
ninths of x ? 

2 X 

71 . How many ninths of x in two thirds of x, or — ? 

4 X 

72. In — there are how many tenths of x t 

3 X 

73. How many twelfths of x are there in — ? 

2 X 

74. In — there are how many fourteenths of x ? 

• X 

, 75. How many fourteenths of x are there in — ^ 

2 X 
76. In — there are how many eighteenths of x t 
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SECTION IX. 

1. Anna gave away half of her books, and then 
had four remaining. How many books had she at 
first ? 

Let X represent the number of books she had at first ; 

then — , or one half of x, will represent what she 

gave away; 

and X — --, or x less one half of x, will express the 

number of books she had remaining. 

But she had 4 books left ; 

therefore, by the conditions of the question, 

X less one half of x = 4. 

Since x is equal to two halves of tr, the equation in, 

two halves of x less one half of z = 4 ; 

then one half of 2 = 4 ; 

consequently, the whole of x must be twice 4 ; 

and x = 8y the books Anna had. 

Or, 

since x =4, 

multiplying each member of the equation by 2, give?* 
2x — x=i8; 
uniting the terms in the last, 
x=z8, as above 

2. If from som^ number one hdf of itself be sub- 
tracted, the remainder will be eight. What is thp 
number 7 

3 The difference between the whole of a number 
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and one half of the same number is six. What is the 
number ? 

4. Charles lost one third of his money, and had six 
cents remaining. How many cents had he at first ? 

5. If from some number one third of itself be sub 
tracted, the remainder will be ten. What is the 
number 1 

6. After Charles had spent one fourth of his money 
for a lead pencil, he had twelve cents remaining in 
his purse. How much money did the purse contain 
before his purchase ? 

7. If from some number one fourth of itself be 
subtracted, the remainder will be fifteen. What is 
the number ? 

8. A man sold one sixth of his cows, and then had 
ten cows remaining. How many had he at first ? 

9. A boy eat two thirds of his oranges, and had 
four remaining. How many had he at first ? 

Let X = his number of oranges ; 

then X less two thirds of x, will express the numbei 

remaining. 

But he had 4 oranges remaining ; 

therefore, by the conditions of the question, 

X = 4. 

3 

Multiplying each member of this equation by 3, gives 

3a; — 2x = 12; 

uniting terms, x = 12, his number of oranges, 

10. If two fifths of some number be subtracted 
from the whole of the same number, the remainder 
will be nine. What is the number ? 

11. The difference between the whole of a numbei 
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and three fiflhs of the same number is eight. What 
is the number ? 

12. A man sold a cow for fifteen dollars, and by so 
doing he lost two fiflhs of what the cow cost How 
much did the cow cost ? and what did he lose ? 

13. What number is that, from which if three 
sevenths of itself be subtracted, the remainder will 
be twelve ? 

14. A boy spent five ninths of his money, and then 
had sixteen cents remaining. How much money had 
he at first ? 

15. If seven tenths of some number be subtracted 
from the number itself, the remainder will be fifteen, 
"^hat is the number ? 

16. A man lost two ninths of the cost of his horse, 
by selling him for fifty-six dollars. What did the 
horse cost him ? and how much did he lose 1 

17. The difference between the whole and five 
eighths of a number is eighteen. What is the number ? 

18. A farmer sold three eighths of his flock of 
sheep, and had forty sheep remaining. How many 
sheep were in the flock at first? 

19. If from a number three fourths of itself be 
subtracted, the remainder will be seven. What is the 
number? 

20. If from Caroline's age you take three fourths 
of her age, the remainder will be six years. How 
old is Caroline ? 

21. From what number must you take three fiflhs 
of itself, that the remainder may be twenty ? 

22. .The difference between Samuel's age and two 
fiflhs of his age is fifleen. What is his age ? 
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23. The difiereuce between a number and fiv^ 
ninths of itself is sixteen. What is the number ? 

24. A man paid away three eighths of his money, 
and had thirty dollars remaining. How much money 
had he at first? 

25. The difference between the whole of a num- 
ber and seven tenths of it is eighteen. What is the 
number ? 

26. A boy spent four ninths of his money, and had 
thirty cents remaining. How much had he at first ? 

27. Afler paying a debt with three tenths of his 
money, a man found he had forty-two dollars remain- 
ing. How much money had he at first? and what 
was the debt ? 

28. From what number must four sevenths of it- 
self be taken, that the remainder may be eighteen ? 

29. The difference between a number and one 
sixth of itself is ten. What is the number ? 

30. If one third of z be taken from the whole oi 
z, how many thirds of x will remain ? 

35 = —, that is, three thirds of x, or Sz divided by 3 

3 

And 3 X divided by 3, less x divided by 3 = 2 u 
divided by 3; 

3 x X Z x 

or, uniting terms, -j — ^ = — . 

Ans, § of x, 

31. What term will express the difference between 

2 T 

z and two thirds of x : that is, between x and — ? 

3 

32. If one fourth of x be taken from x, what will 
express the remainder ? 
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33. If — be taken fr<Hn x, what will be the re 
mainder ? 

34. V/hat is the difference between x and two fifths 
of X? 

35. If — be taken from x, what will express the 

6 

remainder ? 

7 X 

36. If — be taken from 2 x, what term will express 

5 

the remainder? 

rt lOx J lOx ix 9x ^i . , 

3 X = -— ; and — = — , the remamder. 

5 5 6 6.. 

37. What will express the difference between 2 x 
and — 1 

7 

38. What will represent the difference between 2 x 
and—? 

7 

7 X 

39. If — be taken from 3 x, what will represent 
the remainder ? 

40. In the equation^ — — = 4, what does x rep- 

6 
resent? 

7 X 

41. In the equation 3x = 6, what is the 

value of X ; that is, what number does x represent ? 

5 X 

42. In the equation 4 x = 9, what is the 

2- 
ralue of x? 

43. In the equation 2 x ^ = -i. or 2f , what is 

3 3 

the value of x ? 
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SECTION X. 

1. George gave one half of his books ^, ais sister, 
and one fourth of them to his brother, and the i found 
he had given away six books. How many had George 
at first ? and how many did he give to each ? 

Let X = the number of books George had at first ; 

then — , or one half of x, expresses the number of 

books which he gave to his sister, 

and -^y or one fourth of x, expresses the number of 

books which he gave to his brother. 

But he gave them 6 books ; 

therefore, by the conditions of the question, 

one half of x and one fourth of x=zQ; 

But one half of x is equal to two fourths of x, 

and two fourths of x added to one fourth of z = three 

fourths of x ; 

therefore, three fourths of x = 6. 

Since three times one fourth of x is 6, once one fourth 

of X is one third of six, which is two. 

If one fourth of x is two, the whole of x is four times 

two, which is eight ; 

then X := 8, the books George had. 

He gave one half of x books, which is four, to his sister. 

lie gave one fourth of x books, which is two, to his 

brother. 

Or, 

by the conditions of the question. 
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Multiplying each term in each member of the equa- 
tion by 4, gives 

Reducing fractions and uniting terms, gives 

3x = 24: 

Dividing each member of this last equation by 3, givei^ 

— = — , or a; = 8, George's books ; 
-^ == 4, the number he gave to his sister ; 

~ = 2, the number he gave to his brother. 

2. If one half of a number be added to one fourth 
of the same number, the sum will be nine. What is 
the number 7 

3. George expended two thirds of all his money 
for a writing-book, and one sixth of it for a pencil. 
He paid ten cents for both. How much money had 
he at first ? 

4. If half of a number be added to one fourth of 
the same number, the sum will be twelve. What is 
the number 7 

5. If half of a number, be added to the same 
number, the sum will be fifteen. What is the num- 
ber? 

6. If two thirds of a number be added to one sixth 
of the same number, the sum will be fifteen. What 
is the number ? 

7. Charles eat ope fourth of his chestnuts, and 
gave away one third of them. He then found he bad 
fourteen* less than at first. How many had he 7 
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Let X repriesent the number he had ; 
then, by the conditions of the question, 

- + -=14. 

4*3 

But^ = ^, and-^ = i? 
4 12' 3 U 

therefore, — H — ^ = 14. 
' 12 ' 12 

7 X 
Uniting terms, — = 14. 

Multiplying each member of the equation by 12, gives 

7x1=168. 

Dividing each member of the last equation by 7, gives 

« = 24, the number Charles had. 

Or. 

since — + — = 14 : 
4*3 ' 

multiplying each term of each member by 12, gives 

12a: , 12» -^^^ 

_ + _ = 168. 

Reducing fractions, gives 

3x + 4x=168. 

Uniting terms, gives 

7x = 168. 

Dividing each member by 7, gives 

a: = 24, as above. 

8. If one fourth of a number be added to one third 
of the same number, the sum will be twenty-one. 
What is the number? 

9. The sum of one fourth and seven twelfths of the 
same number is twenty. What is the number ? 

10. If two thirds of a number be added to half ol 
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the same number, the sum will be fourteen. What is 
the number 1 

11. A boy expended one fourth of his money for 
pens, and three eighths of it for pencils. He spent 
iifleen cents'^. How many cents had he at first ? and 
how many had he lefl ? 

12. If two fifths of some number be added to three 
tenths of the same number, the sum will be forty-two. 
What is the number ? 

13. Mary gave one third of her books to Jane, and 
one seventh of them to Lucy. She gave away twenty. 
How many had she at first ? 

14. If one third, one fourth, and one sixth of a 
number be added together, the sum will be fifty-four. 
What is the number ? 

15. Robert gave one fourth of his money for pen- 
cils, two fifths of it for writing-books, and one tenth 
of it for pens. He paid out thirty cents. How much 
money had he at first ? How much did he pay for 
each? 

IG. If you add together j-, j^, and ^ of some num 
ber, the sum will be forty-six. What is the number ? 

17. If you add together f , ^, and ^^ of some 
number, the sum will be sixty. What is the num- 
ber? 

18. The sum of ^, ^, and i of a school is twenty- 
two. How many pupils are there in the school ? 

19. What is the sum of -^ + ~ + — ? 

2 ' 4 ' 8 

20. What will express in one term the sum of the 

ihree terms ~ -^ 1 ? 

3 ' 6 ' lA 
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21. Reduce the following expression to one term, 
~ "f" ""■ H • What will represent the sum ? 

5 X 2 X X 

22. Reduce the expression 1 1 , to one 

term. What will be the sum ? 

3 X X 

23. If each member of the equation 1 = 13 

be multiplied by 3, what equation will express the 
product 1 

9 X 

24. If each member of the equation (- 2 = 39, 

be multiplied by 4, what equation will express the 
product ? 

25. To what equation will 9a5 + 4a; = 156 be 
equal, when the two terms of the first member are 
united ? 

26. If each member of the equation 13 a; =156, 
be divided by 13, what number will express the value 
of a; ? 

27. Reduce the equation — + ~ = 7. What 

2 3 

number will express the value of x ? 

28. Reduce the equati( 
number does x represent? 

29. Reduce the equation ~ -| — ^ -| =17 

What will be the number represented by 2? 

30. In the equation 1 = 11, what is the 

value of z? 



28. Reduce the equation — + — =13. What 

2 5 
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SECTION XT 

1. Geouge, Anna, and Charles have sixteen books. 
Anna has two more than Charles, and George has ac 
many as both. How many has each ? 

Let X •=. the number Charles has ; 
then X -J" ^ = ^^6 number Anna has, because she has 

2 more than Charles, 
and % added to z -}~ "^ = ^^ number George has, be- 
cause he has as many as both. 
Then 2 z -}- 2 = George's number ; 
and z aMtd ^o z -j- 2 added to2x-\-2, will express 
what they all have. 
But they all have 16 books ; 
therefore, by the conditions of the question 
z + z + 2 + 2z + 2=16. 
Uniting terms, gives 
4z + 4 = 16. 
Subtracting 4 from each member of the equation, gives 
4z=:12, 
Dividing each member of the equation by 4, gives 
z =: 3, the number Charles has ; 
then z -[- 2 = 5, the number Anna has ; 
and 2 z + 2 =1 8, the number of books George has. 

2. Three men have twenty-two dollars. The first 
has three dollars more than the second, and the third 
has as many as both of the others. How many dol- 
lars has each ? 

3. The sum of three numbers is forty-four. The 
first is four more than the second, and the third is as 
large as both the others. What are the numbers ? 
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4. Mary, Lucy, and Jane have fifty-two quills. 
Jane has five more than Lucy, and Mary has two 
more than both. How many quills has each ? 

5. John is six years older than James, and Wil- 
liam's age is three years more than the united ages of 
both. The sum of their ages is fifly-one. What is 
the age of each ? 

6. One number is eight more than a smaller num- 
ber, and a third number ia four more than both, and 
the sum of the three numbers is sixty-eight. What 
are the numbers ? 

7. George is nine years older than William, and 
Herman is two years older than both. The sum of 
their ages i? forty. What is the age of each ? 

8. Three men received seventy-seven dollars. A 
received three dollars more than B, and B received 
four dollars more than C. How many dollars did 
each receive ? 

9. The sum of three numbers is forty. The first is 
ten more than the second, and the third is seven less 
than the first What are the numbers ? 

Let X = the second number ; 

then a; -{- 10 = the first number. 

The sum of the two is 2 z -f 10. 

The third number, being 7 less than the first, will be 

expressed by a: -{-10 — 7, or 2 + 3 

But the sum of the three is 40 ; 

therefore, x + a; + 10 + z + 3 = 40. 

Uniting the terms of the first member, gives 

3x-}-13 = 40. 

Taking 13 firom each member, gives 

3xz=27. 

5 
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Dividing each member by 3, gives 

x=zO, the second number ; 

y -}- 10 = 19, the first number ; 

X + 3 =: 12, the third number. 

10. Three men added their ages, and found the 
sum was one hundred years. The first was twelve 
years older than the second, and the age of the third 
was eight years less than the sum of the ages of the 
first and second. How old was each ? 

11. One number is seven more than a second num 
her, and a third is nine less than the sum of the other 
two. Their sum is fifty-three. What are the num- 
bers? 

12. There are ninety sheep in a flock, owned by 
three men. A owns twelve more than B, and C owns 
fourteen less than A and B both. How many sheep 
does each own? 

13. The sum of three numbers is seventy. The 
first is eleven more than the third, and the second is 
as much as the first and third together, lacking 
twelve What are the numbers? 

14. Three men together have eighty-two dollars. 
A has fifteen more than B, and C has as many as A 
and B both. How many dollars has each ? 

15. Henry, William, and Robert, together, have 
forty-two cents. Henry has eight more than William, 
and Robert has only six less than both. How many 
cents has each ? 

16. In the equation a: + 22; + 6 — 8 = 16, what is 
the value of x ? 

17. What is the value of x in the equation x + ^ 
4-2x + 8 + x==:47? 
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18. What is the value of x in the equation z -f-S ^ 
_13 4.a;l|_4=:llt 

19. Fifteen books are to be divided into three 
such parts, that John shall haye four more, and Wil- 
liam four less, than Robert. How many will each 
have T 

20. Divide thirty-nine into three such parts, that 
the first shall be seven greater, and the second seven 
less, than the third. What are the parts ? 

21. Lucy, Mary, and Anna, received each the same 
number of oranges, in all eighteen. But Anna gave 
three of her oranges to Lucy. Then how many had 
each? 

22. Divide twenty-three into three such numbers, 
that the first shall be five more, and the third three 
less, than the second. What are the numbers 7 

23. Three men are to receive thirty-eight dollars. 
The first is to have seven more, and the second five 
less, than the third. How many dollars will each 
receive ? 

24. The sum of three numbers is twenty-five. The 
first is four more, and the second six less, than the 
third. What are the numbers? 

25. A, B, and C, gained twenty-seven dollars, and 
they are to share in the following proportions ; A is 
to have four less than B, and C five less than B. How 
many dollars will each receive ? 

26. The sum of three numbers is twenty. The 
first number is three less than the second, and the 
second is two less than the third. What are the 
numbers ? 

27. Three men together had forty-one dollars. 
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The first had two less than twice the second, and th 
third had three more than the second. How mauj 
dollars had each ? 

28. Divide thirty-eight into three such parts, that 
the first shall be six less than twice the second, and 
the third four less than the second. What will the 
parts be ? 

29. Anna is three years younger than Eliza, and 
Eliza is seven years older than Lucy. The sum of 
their ages is seventeen. How old is each ? 

30. Divide twenty-four cents between three boys, 
giving the first two cents less than the second, and 
the second two less than the third. How many will 
each have ? 

31. Twenty-six pupils in a school are in three 
classes. In the first class there are four less than in 
the second, and in the second three less than in the 
third. How many pupils in each class ? 



SECTION XII. 

1. Robert and John together have eleven cents, 
but Robert has two more than half as many as John 
How many has each ? 

Let % represent John's money ; 

then — + 2 will represent Robert's ; 
and X'\ 1- 2 will represent the money both had. 
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But both had 11 cents; 
therefore, by the conditions of the question, 

* + f + 2 = ll. 

Subtracting 2 from each member of the equation, gn es 

' 2 

Multiplying each member by 2, gives 

22; + a; = 18. 

Uniting terms in the first member, gives 

3a; = 18. 

Dividing each member by 3, gives 

X = 6 cents, or John's money ; 

then — - -|- 2 = 5, Robert's money. 

2. Three boys together have twenty-five cents. 
William has one fourth as many as Charles, and 
George has half as many as Charles and four more. 
How many cents has each ? 

3. Sarah is two years older than Eliza, and if two 
thirds of Eliza's age be added to Sarah's age, the sum 
will be twenty-two. What is the age of each ? 

4. What is that number, to which if you add three 
fourths of itself and five more, the sum will be forty ? 

5. If to a boy's money you add three fiflhs of his 
money and six cents more, the sum will be fifly-four 
cents. How much money has he ? 

6. If three sevenths of a number and nine more 
be added to the number itself, the sum will be forty- 
nine. What is the number ? 

7. Three boys have sixty quills. The second has 
five more than the third, and the first has three fourths 
as many as the third. How many has each 7 
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8. If you add two fiflhs of a number and eight 
more to the number itself, the sum will be fifty. 
What is the number? 

9. A boy is eight years older than his sister. If 
twice the brother's age be added to one seventh of the 
sister's, the sum will be thirty-one. How old is each 1 

10. The difference between two numbers is three. 
If half the less be added to three times the greater, 
the sum will be forty-four. What are the numbers T 

11. A farmer has five more cows than horses. If 
one third of the number of horses and two more be 
added to the number of cows, the sum will be twenty 
seven. How many of each has he ? 

12. One number is fifteen more than another, and 
the sum of twice the greater, added to three fourths of 
the less, is sixty-three. What are the numbers ? 

13. William is nine years older than Robert, 3n.i 
the sum of twice William's age and two fifths ol 
Robert's, is fifty-four. What is the age of each ? 

14. What number must be added to three sevenths 
of itself and five more, that the sum may be forty- 
five ? 

15. A man is seventeen years older than his sister. 
If his age be added to three eighths of his sister's, the 
sum will be sixty-one. What is the age of each ? 

16. The difference between two numbers is ten- 
If the greater be added to three fourths of the less 
Ukd five more, the sum will be fifty. What are the 
numbers ? 

17. In the equation 2 + 10 + — + 7 = 31, if the 
terms in the first member be united, and seventeen 
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subtracted from each member, what will express the 
equation ? 

18. If each member of the equation, z -| =14, 

be multiplied by 4, what equation will express the 
product ? 

19. If each member of the equation 7 x == 56, be 
divided by seven, what number will express the value 
of z? 

20. In the equation a;4-7 + — + 3 = 24, what 

number will express the value of a; ? 

2 X 

21. Reduce the equation 2 x -]-- — 1-9 = 25. 

3 

What will be the value of a; ? 

22. Reduce the equation a;-j-3-j f-- -j-5=- 

22. What number does x represent ? 



SECTION XIII. 

1. George has only four more books than Anna 
has, and yet he has twice as many as Anna. How 
many has each? 

Let X = Anna's books ; 

then George will have a: -f- 4 books. 

But George has also twice as many as Anna , 

therefore, George has 2 x books. 

Since 2 x represents the books George has, and x + 4 

also represents his boc^s, the two expressions 

must be equal to each other. 
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Therefore, by the conditions of the question, 

2x = x+4. 

As X and 4 are equal (o 2 x, '4 alone must be equa. 

to x; 

therefore, Anna has 4 books, 

and George has x-\'4 = S books ; 

or, since 2 x = x -|- 4, 

subtracting x from each member of the equation, gives 

2x — xz=x — x + 4. 

Uniting terms, gives 

X = 4, as above. 

2. Robert is twice as old as Charles, and the dif- 
ference between their ages is five. What* is the age 
of each ? 

3. Anna had as many dolls as Lucy ; but three 
more were given to Lucy, and she now has twice as 
many as Anna. How many dolls has each ? 

Let X = Anna's number of dolls. 

Lucy had the same ; then she also had x dolls, 

and X -f- 3 =1 Lucy's present number of dolls. 

But this IS twice Anna's, or 2 x ; 

therefore, 2 x = x + 3. 

Subtracting x from each member of the equation, gives 

X = 3, Anna's number, 

and X -j- 3 = 6, Lucy's number. 

4. To what number must eight be added, that the 
sum may be three times the number ? 

5. Caroline is ten years older than Mary, and 
Caroline's age is three times Mary's. How old is 
each? 

6. What number must be increased by twelve, that 
the sum may be three times itself? 
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7. Lucy is fifleen years younger than Jane, and 
Jane - is four times as old as Lucy. What is the age 
of each? 

8. What number will be four times as large, if you 
add eighteen to it? 

9. John and James are of the same age. If to the 
Bum of their ages twenty-seven be added, the sum will 
be five times the age of either. What is the age of 
each? 

10. What number is five less than twice itself? 

11. What number is that which is eighteen less 
than three times itself? 

12. John has thirty-three cents more than Peter, 
and he has four times as much money as Peter. How 
many cents has each ? 

13. What number must be added to itself, and then 
be increased by five, that the sum may be three times 
;he number ? 

14. A boy is four times as old as his playmate ; 
and the difference in their ages is twelve years. What 
is the age of each ? 

15. The difference between two numbers is three, 
and twice the larger is equdl to three times the small- 
er. What are the numbers ? 

16. A father is five times as old as his son, and the 
difference of their ages is thirty-two. What is the 
age of each ? 

17. One number is six times another, and the dii^ 
ference between them is forty. What are the numbers ? 

18. If you give Sarah sixteen books more than you 
give Caroline, she will have three times as many as 
Caroline. How many books will each have ? 
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19. If forty years be added to a person*B age, the 
Buni will be three times his age. What is his age ? 

20. The difFcrence between two numbers is four, 
and three times the larger is equal to five times the 
smaller. What are the numbers ? 

21. If Charles lives seven years longer, his age 
will be double what it now is. What is his age ? 

22. If twelve be added to some number, the sum 
will be four times that number. What is the number 1 

23. If John lives fourteen years more, he will be 
three times as old as he is now. How old is he ? 

24. If twenty cents be added to a boy's money, the 
sum will be three times as much as it now is. How 
much money has he] 

25. Fifteen years hence, Mary's age will be four 
times what it now is. What is her age ? 

26. If twenty be added to some number, the sum 
will be five times that number. What is the number ? 

27. If you give twenty-four cents more to James, 
he will have five times as many as he now has. How 
many has he ? 

28. What number must be added to itself and to 
seven more, that the sum may be three times that 
number ? 

29. When George shall be thirty years older, his 
age will be four times as much as it is now. What is 
his age ? 

30. What number must be added to itself and to 
twenty-seven more, that the sum may be five times 

hat number ? 

31 . John is four years older than Hem v, and twice 
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John's age is three times Henry's age. What is the 
age of each ? 

32. The difference between two numbers is ten, 
and three times the greater is equal to five times the 
less number. What are the numbers ? 

33. One man is twelve years older than his brother, 
and three times the man's age is equal to five times 
the brother's. How old is each ? 

34. The difference of two numbers is six, and five 
times the greater is equal to eight times the less. 
What are the numbers? 

35. A man is six years older than his wife, and 
seven times the man's age is equal to nine times his 
wife's. What is the age of .ejcht 

36. One number is nine m^e than another, and 
four times the greater is seven Jimes the less. What 
are the numbers ? 

37. If 2 -}- 6 be multiplied by 3, what will express 
the product? 

38. If 2 2 -|- 4 be multiplied by 5, what will ex- 
press the product ? ; 

39. In the equation 3 x -|- ^'^ ^^ ^ ^> ^^ 3 x be sub- 
tracted from each member, what will express the re- 
sult? 

40. If each member of the equation 2 x = 12 be 
divided by 2, what equation will express the quotient ? 

41. In the equation 2 x -|- 15 = 7 x, what number 
will express the value of x ? 

42. Reducetheequation3x + 9=:6x + 3. What 
immber docs x represent ? 

43. Reduce the equation x + 20 = 34. What in 
the value of x ? 
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SECTION XIV. 

I. Eliza gave h:ilf of her books to Jo^ua, and one 
fourth of ihein to Samuel, and then had but two icft 
for herself. How manv had she at first, and ho^ 
in any liid she give to each ? 

Let z = the whole number of books ; 

then -}■ =. the books she gave to Joshua, 

and -- = the books she gave to Samuel ; 

then -- -j 1- 2 must represent all the books she had* 

IMierefv^ro, by the <yuiditions of the question, 

Muliiplvinsr each member bv 4, giTes 

Ueducin:: fractions in the first member, gives 

-/ + x + S = 4x; 

uniting terms in the first member, 

Subtracting ;^ x from each member, gives 
S= J. 
Therefore Eliza had S books; 
then - z= 4, Joshua's books ; 

and ' = •;!, Samuel's books. 
■• 

^V Sarah jxavo one third of her monev for a book, 

aiul ono siMh of it for a pencil, and then had eight 

«*^«us \vi\. How many cents had she at first ? 
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3. If one half of a number be added to one third 
of the same number and four more, the sum will be 
the number itself What is the number ? 

4. A man, being asked his age, replied, " If ten 
years be added to one fourth and one third of my age, 
the sum will be my age." .How old was he? 

5. If two thirds of a number and seven more be 
added to one sixth of the same number, the sum will 
be equal to the number. What is the number ? 

6. Daniel gave one fourth of his cherries to one 
boy, and one sixth of them to another, and had twen- 
ty-one left. How many had he at first ? 

7. What number is that which is equal to the sum 
of two thirds and one fourth of^^iteelf added to five ? 

8. A farmer kept his cows in three pastures. In 
one pasture he had one third of them, in another one 
fourth of them, and ten cows in the third pasture. 
How many cows had he ? 

9. If one fourth and one sixth of a number be 
added to thirty-five, the sum will be the number it- 
self What is the number ? 

10. Thomas had one fourth of his money in a 
purse, three eighths of it in his pocket, and nine cents 
in his hand. How many cents had he ? 

11. The sum of two fifths and three tenths of a 
number, is twelve less than the number itself What 
is the number ? 

12. In an orchard, one fourth of the trees are plunh 
trees, one third cherry-trees, and fifteen are pear-trees. 
How many trees are there in the orchard ? 

13. What number is that which is equal to the sum 
f one half and one fifth of itself added to eighteen ? 
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14. A man broke one fiflh of his eggs on his way 
to market ; while there he sold three tenths of them, 
and still had twenty lefl. IIow many eggs did he 
have when he started from home ? 

15. If two thirds and one ninth of a number be 
added to sixteen, the sum will be the number itself 
What is the number ? 

] (>. One sixth of the pupils of a school are in the 
first class, one fourth in the second, one third of them 
in the third, and twenty-four in the fourth class. How 
many pupils are there in the school ? 

17. The sum of one half, one fiflh, and one tenth 
of a number, is eight less than the number itself. 
What is the number ? 

18. One third of a man's farm is used as a pasture 
for his cattle, one sixth is meadow, one twelfth wood- 
land, and the remaining twenty acres he cultivates 
with the plough. How many acres has he ? 

19. If one third, one sixth, and one ninth of a 
number be added to fourteen, the sum will be the 
number itself What is the number ? 

20. In a college one fiflh of the students are 
seniors, one fourth juniors, three tenths sophomores^ 
and there are forty students in the freshmen class. 
How many students are there in the college ? 

21. Reduce the expression 1 1 What 

t|lm will express the sum ? 

22. Reduce the expression — -j 1-— . What 

will express the sum ? 

23. If each member of the equation h — + "^ 
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== 13 be multiplied by 12, what will express the eqaa- 
tion before it is reduced ? 

24. If the terms in the first member of the equa- 
tion 1 1 — — = 156, be reduced to one term, 

what will the equation be ? 

25. If each member of the equation V3x=i 156 be 
divided by 13, what number will show the value of a;? 

. : 26. Reduce the equation -1-4-^ + 7=18. What 

number does x represent ? 

27. Reduce the equation |-+-| + -| + 5 = 22. 

What number will express the value of a; ? 



SECTION XV. 

1. Charles gave away one fifth of his money, and 
had eight cents left. How many cents had he at first ? 
Let X =. the money Charles had ; 

then — = the money he gave away. 

But he had 8 cents left : 
therefore, by the conditions of the question, 

'x-^ = 8. 

5 

Multiplying each member of the equation by 5, gi,vos 

Sx — x = 40; 

uniting terms in the first member, 

4z = 40; 

dividing each member of the equation by 4, 

X = 10 cents, the money Charles had. 
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3. A boy spent one fiflh of his money, and gave 
away two fiflhs of it. He then had six cents left 
How many cents had he at first? 

TiCt % = the money he had at first ; 
then ~ = the money he spent, 

5 

% X 

and — = what he gave away ; 

then X — must be equal to what he had left 

6 5 ^ 

But he had 6 cents left ; 
therefore, x = 6. 

5 5 

Smcea; = — , then =:6. 

6 ^ 5 6 6 

Uniting terms in the first member, gives 

5 
If f of a; = 6, iof a; = iof 6. 

U i of a; == 3, the whole of a; = 15 cents, the boy's 
money. 

Or, 

2 X 

since ^^ = 6, 

6 

dividing each member of the equation by 2, gives 

Multiplying each member by 5, gives 
X = 15, as above. 

Remark. — Form the equations in this section by subtract- 
ing the parts, &c. 

fi. Tnne eat oiift half of her peaches, and gave 
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away one third of them. She had five left. How 
many had she at first? 

4. If from some number you subtract one half of 
itself and one third of itself, the remainder will be 
seven. What is the number ? 

6. A boy spent one half of his money for writing- 
books, and one sixth of it for pencils. He had twelve 
cents left. How much money had he at first ? 

6. From what number must one third and one 
sixth of the same number be taken, that the remain- 
der may be eighteen ? 

7. Mary lost one third of her money, and gave 
away two fifths of it. She had eight cents left. How 
many cents had she at first ? 

8. From what number must one half and one tenth 
of itself be taken, that sixteen may be left ? 

9. A man paid one fourth of his money for a pair 
of boots, and one fifth of it for a hat. He had eleven 
dollars left. How much money had he at first? ana 
how much did he pay for each of his purchases ? 

10. A boy spent one half of his money, and gave 
away one fifth of it. He then had twelve cents left 
How many cents had he at first ? 

11. If from a number you subtract one fourth ot 
itself and one third of itself, the remainder will bt 
ten. What is the number ? 

12. If firom a man's age one fourth and one sixtl 
of his age be subtracted, the remainder will be four 
teen years. What is the man's age ? 

13. From what number must you take two fifthe 
and three fifteenths of itself, that the remainder maj 
be twenty-four ? 

6 
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14. A farmer sold one fourth of his flock of sheep 
to one mnii, and two fiflhs to another, and he still had 
fiftynsix sheep left. How many sheep were in the 
flock nt first? 

15. If from some number you subtract one third 
and four ninths of itself, the remainder will be four- 
teen. What is the number 1 

16. A man sold one third of his farm to one per- 
ron, and two ninths of it to another, retaining only 
forty-eight acres for himself. Of how many acres did 
the farm at first consist ? 

17. From what number must one half and three 
fourteenths of the same number be taken, that the 
remainder may be eight? 

18. A boy gave one half of his chestiiuu'* to one 
playmate, one fifth to another, and one tenth to a 
third, and kept twenty-four for himself. How many 
had he at first ? 

19. If one fourth, one sixth, and one twelfth of a 
number be subtracted from itself, the remainder will 
be forty-eight. What is the number ? 

20. A drover on his way sold one third of his cattle 
to one man, and one ninth to another, and then had 
fifty left. How many were in the drove at first ? 

21. If from five fifths, or the whole of a:, two fifths 
of X be subtracted, what will remain ? 

22. If from x, two fifths of x and one fifth of x be 
subtracted, what will express the remainder ? 

23. If from six sixths, or the whole of x, one half 
of X and one third of x be subtracted, what will rep 
resent the remainder ? 



28. What will the expression 2x — — — ~ 
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24. Reduce the expression x . What 

will represent it? 

2 X 

25. What will represent the expression x -— 

-— , when reduced ? 

X Z X 

26. What will the expression x ^^ become 

when it is reduced ? 

27. If from —, or twice the whole of x, ^J of x 
be taken, what will represent the remainder ? 

28. What will the expre 

become when it is reduced ? 

X S X 

29. Reduce the expression 2 X . What 

will represent it? 

30. In the equation x — — = 2, if each term 

of the first member be changed to sixths, what will 
the equation be ? 

G X 3 X Z X 

31. In the equation = 2, where the 

^ 6 6 6' 

fractions are reduced to the same denominator, if the 
terms of the first member be united, what will express 
the equation ? 

32. In the equation — = 2, if each member be 

multiplied by the denominator, 6, the equation will be 
cleared of fractions. What will be the value of a; ? 

33. If the fractions — and — be reduced to the 

3 4 

same denominator, what will be the common denominor 
tor ? and what will the fractions be ? 
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34. Reduce the equation % — -- — "T ^^ ^' What 
is the number represented by z ? 

35. If the equation 2z — — = 9 be reduced, 

what will be the value of a; ? 

36. In the equation 2x — — ^ = 7, if all the 

terms of the first member be reduced to a common 

denominator, the equation will be —^ -— :=z 7. 

' ^ 10 10 10 

If this equation be reduced, what will be the value 

of X? 



SECTION XVI. 

1. If Charles eats one third of a barrel of appies m 
a week, in how many weeks will he eat three thirds or 
the whole barrel ? ■ 

Let X represent the time^ or number of weeks, in which 

he will eat the whole barrel. 
If he eats ^ of a barrel in one week, in x weeks he 

will eat — of a barrel. 
3 

But in X weeks he eats the whole barrel ; 

therefore, — of a barrel must be equal to the whole 

barrel ; 

that IS, — = — or a whole one. 
' 3 3 

If i of X = i of 3, the whole of x will be equal to 

the whole of 3 : 



(^ 16 ] INTELLECTUAL ALGEBRA. 85 

therefore, x = 3, 
and he will eat the barrel in 3 weeks. 
Or. 
by the conditions of the question, — = 1 

3 

Multiplying by 3, gives x=zS, 

2. If George eats one sixth of a barrel of apples 
in one week, how long will six sixths, or a whole bar- 
rel, last him ? 

3. iGfeorge eats one sixth of a barrel of apples in a 
week, and Charles eats one third of a barrel in the 
same time. In how many weeks will both together 
eat the whole barrel ? 

Let X =. the number of weeks in which both will cat 
a whole barrel. 

George, in x weeks, eats — of the barrel ; 
Charles, in x weeks, eats — of the barrel ; 

o 

both t^ether, in x weeks, eat 1 of the barrel ; 

o o 

But both, in x- weeks, eat the whole barrel ; 

therefore, by the conditions of the question, 

— 4- — — 1- 

and reducing the fractions to the same denomination, 
gives 

G ^ 6 

Clearing the equation from fractions, by multiplying 
by 6, the denominator, gives 

uniting terms in the first member, 
32 = 6 



B6 INTELLECTUAL ALGEBRA. [§ 16 

Dividing by 3, gives 2 = 2; 
therefore, both together eat the barrel in 2 weeks. 

4. How many times is the sum of one sixth and 
one third contained in one ? 

5. A man can dig one fourth of a trench in one 
week In how many weeks can he dig the whole of it ? 

6. A man can build one sixth of a stone wall in one 
day. In how many days will he build the whole wall ? 

7. A man can build one third of a stone wall in 
one day. How many days will it take him to build 
the whole of it ? 

8. One man can build one third of a wall in one 
day, and another man can build only one sixth of the 
same wall in a day. In how many days will both men, 
working together, build the wall ? 

9. If a man can eat one eighth of a barrel of bread 
in a week, how long will a whole barrel last him ? 

10. If a man can do two ninths of some stated 
piece of work in one day, how many days must he 
work to do the whole of it? ^ 

Let % represent the number of days in which he can 

do the whole of it. 
Since he does f of it in one day, in % days he will do 

2 X 

X times two ninths of it, which is — . 
* 9 

But in X days he will do all of it ; 
2 X 

therefore, — must be equal to the whole of it, or 1 ; 

that is, — = 1. 
9 

If i of 2 X = 1, the whole of 2 x = 9 times 1. 

If 2 2; = 9, x = f, which is ^; 

therefore, he would do the work in 4J days. 
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11. A man can shingle one fourth of the roof of a 
house in one day, and a boy can shingle one twelfth 
(^ it in a day. How many days will it take for both, 
working together, to shingle the roof? 

12. How many times the sum of one fourth and 
one eighth of any thing will it take to make the whole 
of the same thing ? 

13. How many times is the sum of one fourth 
and one twelfth of any thing contained in the whole 
of it? 

14. One horse eats one sixth of a ton of hay in a 
week, and another horse eats only one twelfth of a 
ton in the same time. How long will a ton of hay 
last both of them ? 

15. How many times is the sum of one sixth and 
one twelflh contained in one ? 

16. How many times is the sum of one third and 
one twelfth contained in two ? 

17. A man can do, in one week, one fourth of the 
work required to repair a house, and a boy can do 
three sixteenths of the same piece of work in the 
same time. In how many weeks will both, working 
together, do it ? 

18. How many times is the sum of one third and 
two sevenths contained in one ? 

19. How many times is the sum of two thirds and 
five twelfths contained in three ? 

20. Two men and a boy are employed to make a 
fence. One man can do one fourth of it in a day, 
the other can do one fifth of it in the same time, and 
the boy can do one twentieth of it in a day. How 
many days will it take them all to do it ? 
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21. How many times is the sum of one fourth, one 
sixth, and one twelfth, contained in a whole one ? 

22. How many times is the sum of three fourths, 
five sixths, and seven twelfths, contained in three ? 

23. A father and his son have but one barrel of 
bread. The father eats three twentieths of a barrel 
in a week, and the son one tenth of a barrel in Ihe 
same time. How long will it last them? 

24. How many times the sum of one third, one 
seventh, and one twenty-first, will it take to make a 
whole one ? 

25. One man can do one third of a given piece of 
work in one day ; another can do one eighth of the 
same work in a day ; and a boy can do one twenty- 
fourth of it in the same time. How many days will 
it take the three, working together, to get it done ? 

26. Reduce — , — , and — to the same denomi- 

3 7 21 

nation, and what will they become ? 

27. What will expresi 
be reduced to one term ? 



27. What will express the sum, if ^ + l^ + if 
r ' 21 ' 21 ' 21 



28. Reduce the equation— + — + ~=1. What 

number does x represent ? 

2 ic 7* 

29. If the equation —-{ = 1, be reduced, what 

will express the value of z ? 

30. Reduce the equation— + — + -"^ = 1. What 

3 ' 4 ' 6 
will be the number represented by z 1 
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SECTION XVII. 

i. If from two thirds of Catherine's age you suo- 
tract one third of her age, the difference will be four 
years. How old is she ? 

Let X represent her age ; 
then, by the conditions of the question 

2x ^ . 

3 1"*^ 

But -— less — = -- ; 
3 3 3' 

therefore, — = 4. 
' 3 

1£ i of x=z4t, the whole of x must be 3 times 4 ; 

then X = 12, or Catherine's age. 

2. If from one half of a boy's money one fourth 
of his money be taken, three cents will remain. How 
many cents has he 1 

3. The difference between one half and one fourth 
of the same number is five. What is the number ? 

4. If from one third of uncle William's age one 
fiflh of his age be taken, the difference will be eight 
years. What is his age ? 

5. If two fifths of some number be taken from 
seven tenths of the same number, the difference will 
be twelve. What is the number ? 

6. Mary's age is two thirds of her brother's age, 
and Jane's is four ninths of the same brother s age. 
The difference between Mary's age and Jane's, is 
eight years. How old is the brother, and each sister ? 
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7. The difference between two thirds and four 
sevenths of the same number is four. What is the 
number ? 

8. If three fourteenths of some number be taken 
from two sevenths of the same number^ the remainder 
will be two. What is the number ? 

9. A boy eat one fourth of his plums, and gavfs 
away one fifth of them. The difference between what 
he eat and what he gave away was three. How man} 
had he ? and how many did he give away ? 

10. If three eighths of some number be taken from 
three fourths of the same number, the remainder will 
be six. What is the number t 

11. If from half of a man's money one seventh 
of his money be taken, the difference will be fifteen 
dollars. How many dollars has he ? 

12. The difference between three fourths and five 
sixths of the same number is nine. What is the 
number ? 

13. A man owned seven tenths of a flock of sheep. 
After selling two fifths of the whole flock, he had 
thirty sheep still belonging to him. How many sheep 
were in the flock before the sale ? 

14. If two sevenths of some number be taken firom 
one half of the same number, the difference between 
tne two parts of it will be twelve. What is the whole 
number ? 

15. John's money is two thirds of William's money, 
and Henry's is one ninth of William's. The differ- 
ence between John's money and Henry's is fifteen 
cents. How much money has each ? 

16. The difference between three fourths and three 
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fifths of the same number is twelve. What is the 
number ? 

17. John owned two thirds of a basket of eggs, 
and, after selling one fifth of all there were in the 
basket, fourteen eggs still belonged to him. How 
many were in the basket at first? 

18. If from two thirds of some number three 
sevenths of the same number be subtracted, thq dif- 
ference will be fifteen. What is the number ? 

19. Two fifths of a pole are in the water, one tenth 
m the mud, and the remainder out of water. There 
are nine feet more of it in the water than in the mud. 
How long is the pole ? 

20. The difference between two thirds and two 
ninths of the same number is thirty-six. What is 
the number ? 

21. Three sevenths of a flock of sheep were put 
in one pasture, three fourteenths in another, and the 
rest were sold. There were twelve more sheep in one 
pasture than in the other. Of how many sheep did 
the flock consist ? how many were in each pasture ? 
and how many were sold ? 

22. The difference between three fourths and seven 
eighths of the same number is eleven. What is the 
number ? 

•23. If seven twelfths of some number be taken 
fi-om the same number, the difference will be thirty. 
What is the number ? 
' 24. If the terms in the first member of the equation 

=10, be reduced to the same denomination, 

4 8 

and then to one term, what will the equation be 7 
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5 X 

25. In the equation —= 10, what number is rep- 
resented by a; ? 

26. Reduce the equation — — — = 15 What 
number will express the value of a; ? 

27. If the equation =1 be reduced, what 

4 3 

will be the value of a; ? 

28. Reduce the equation — — — = 3. What 

number does x represent ? 

29. What number will express the value of x in 

the equation =:20? 

3 6 

30. What is the number represented by x in the. 

equation == 9 ? 

^ 2 20 



SECTION XVIII. 

1. The sum of the ages of two boys is twelve 
years, and the elder is twice the age of the younger 
What is the age of each ? 

Let X represent the age of the younger boy ; 
then 12 — x will express the age of the elder, . 
and 12 — x must be equal to twice x. 
Then, by the conditions of the question, 

12 — aj = 2a;. ^ 
If 12, with x taken from it, is equal to 2 x, 
12 without X taken from it, must be equal to one 
more x : 
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therefore, 12 = 3 a;, and 4 = x. 

Then the age of the younger boy is 4 years ; 

and 12 — x = 8, the age of the elder. 

Or, 

since 12 — 2 = 2 a;, 

adding x to each member of the equation, gives 

12 — a: + a; = 2a; + a:. 

Uniting terms in each member, gives 

12i=3x. 

Dividing each member by 3, gives 

4 = 2, as above. 

2. The sum of two numbers is fifteen, and the 
^eater is twice the .smaller. What are the num- 
bers? 

3. If 12 — a; be added to 12 — a;, what will express 
the sum ? 

It may be expressed thus ; 12 — x -f" ^^ — ^• 
Uniting terms, 24 — 2 x, Ans, 

4. If 12 — X be multiplied by 2, what will express 
the product ? 

5. If 12 — X be multiplied by 5, what will the 
product be? 

6. George and Anna together have ten books, and 
twice George's books are equal to three times Anna's. 
How many has each ? 

Let X represent Anna's books ; 

then 10 — X will represent George's books ; 

twice George's books will be twice 10 — x, which is 

20 — 2 x^ 

But twice George's are equal to three times Anna's ; 

therefore, by the conditions of the question 

20— 2x = 3x. 
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Adding 2 x to each member of the equation, gives 

20 — 2z4-3x = 3x4-2a:. 

Uniting terms in each member, gives 

20 = 5x. 

Dividing each member by 5, gives 

4 = x; 

therefore, Anna has 4 books j 

and 10 — x = G; 

then George has G books. 

7. The sum of two numbers is twenty, and twice 
the greater is three times the other. What are the 
numbers ? 

8. The sum of the ages of two boys is eighteen 
years, and four times the age of the younger boy will be 
twice the age of the other. What is the age of each ? 

9. Twice one number is four times another, and 
their sum is thirty. What are the numbers ? 

10. Two men are to share thirty-five dollars be- 
tween them, and A is to have four times as L:^any as 
B. How many dollars will each have ? 

Let X represent B's share ; 
then 35 — x will express A's. 

11. The sum of two numbers is forty-two, and 
three times one number is four times the other. 
What are the numbers? 

12. A farmer has seventy sheep in two pastures, 
and twice the number of sheep in the larger pasture 
wLU be equal to five times the sheep in the other. 
How many sheep in each pasture ? 

13. Three times one number Is five times a smaller, 
and their sum is twenty-four. What are the numbers ? 

14 George had seventy-two cents, and lost a part 
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of them. Three times the number he lost is equal to 
six times the number he had left. How many cents 
did he lose ? 

15. The sum of two numbers is seventeen, and 
twice the greater is two more than three times the 
less. What are the numbers 1 

Let X represent the less number ; 

then 16 — x will represent the greater. 

Twice the greater is 32 — 2 a;, which is 2 more than 

3 a:. 

Therefore, by the conditions of the question, 

32_2x — 2 = 32; 

and, uniting terms in the first member, 

30 — 2zz=3z. 

Adding 2 x to each member of the equation, gives 

30— 2a; + 2a; = 3x + 2x, 

Uniting terms, gives 

30 = 52. 

Dividing each member by 5, gives 

6 = 2; 

therefore, 6 is the smaller number, 

and 16 — 2 = 10, the larger number. 

16. Two men together spend one hundred dollars. 
Three times the money A spends is equal to seven 
times the money B spends. How many dollars does 
each spend? 

17. The sum of two numbers is twenty-eight, and 
the greater is four less than three times the smaller. 
What are the numbers? 

18. Divide thirty-one into two such parts, that 
twice the greater shall be two more than thiee times 
the less. What are the parts ? 
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19. The sum of the ages of a man and his wife, is 
forty-two, and twice the man's age is six less than 
three times his wife's. How old is each ? 

20. Divide seventeen into two such parts, that 
twice one part shall be eight less than five times the 
other. What are the numbers ? 

21. A farm, containing twenty-six acres, belongs 
to two men. Three times A*s part is six acres less 
than four times B's part. How many acres has each? 

22. Divide twenty-five into two such parts, that 
three times one part shall be three more than five 
times the other. What are the parts ? 

23. A boy, afler spending a part of his money, 
found he had remaining three times as much as he 
had spent. He had twelve cents at first. How much 
did he spend? and how much was lefl? 

24. A man had thirty-two sheep. Afler selling a 
part of his flock, he found the remainder was four less 
than twice the number he sold. How many did he 
sell ? and how many were lefl ? 

25. If 16 — X be multiplied by 2,*what will express 
the product ? 

26. If 10 — X be multiplied by 7, what will be the 
product ? 

27. In the equation 12 — 3x-f"^ = 4^> what is 
the value of a; ? 

28. Reduce the equation 20 — 2x — 6 = 3 r. 
What will be the value of x ? 

29. Reduce the equation 60 — 5z — 5 = 6 x. 
What does x represent? 

30. In the equation 100 — 3x — 10=7x what 
is the value of x ? 



iXi^-C*.:-! 



^ 19.] INTELLECTUAL ALGEBRA. 97 



SECTION XIX. 

1. If X be taken from 2 r, the remainder will be x. 
How many more will be left, if x — 1 be subtracted 
from 22? 

Since not the ichoic of x is to be taken from 2 /, but 
X less 1 is to be taken away, it is evident, that in 
taking away the whole of x, one more is taken away 
than there should be. 
This one, then, must be put back, or ncfdcd to tlio re- 
mainder. 
Therefore, if x — 1 be taken from 2 /-, tlic remainder 

must be x and one more, or x -j- 1 , 

because, if x-f-l be added to x — 1, the sum will 

be2x. 

Or, 

it may be expressed thus ; 2 x — x -f- 1 ; 

uniting terms, x-f- 1- 

Remark. — Therefore, to express subtraction, change the 
signs before the quantities to be subtracted, and connect 
them with the quantities from wliicli they are to be taken 

2. If the expression x — 2 be taken from 2 x, what 
will represent the remainder ? 

3. If X — 5 be taken from 2 x, how many more 
will be left than there would be, if the whole of x 
were taken from 2 x ? and what will be the remain- 
der? 

4. If X — 7 be taken from 2x, how much larger 
will the remainder be, than if the whole of x were 
taken from 2 x? and what will be the remainder \ 

7 
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5. If 2 X — 9 be taken from 5 x, what will express 
the remainder ? 

6. Peter has one cent less than John. If Peter's 
money be subtracted from twice John's, the remainder 
will be seven cents. How many cents has each? 

Let X represent John's money ; 
then X — 1 will represent Peter's. 
Therefore, if x — 1 be taken from twice x, the dif- 
ference will be equal to 7 cents. 
If X be taken from 2 x, x will remain ; but if one less 

be taken from 2 x, one more will remain. 

Therefore, if x — 1 be taken from 2 x, the difference 

will be x-j-1. 

Then, by the conditions of the question, 

x+l = 7. 

Subtracting 1 from each member of the equation, 

gives 

X = G cents, or John's money ; 

X — 1=5 cents, or Peter's money. 

Remark, — In all the examples in this section, let x = the 
greater, &c. 

7. Henry has four cents less than Robert, and if 
Henry's money be taken from twice Robert's, the 
difference will be nine cents. How much money has 
each ? 

8. The difference between two numbers is five; 
and if the less number be taken from twice the 
greater, the remainder will be seventeen. What are 
the numbers ? 

9. The price of a cow was five dollars less than 
the price of an ox ; and if the price of the cow be 



•■i^M. 



[§ 19. INTELLECTUAL ALGEBRA. 99 

taken from twice the price of the ox, the remainder 
will be thirty-five dollars. What was the price of 
each? 

10. The difference of two numbers is twenty-five ; 
and if twice the less be taken from three times the 
greater, the i^mainder will be eighty. What are the 
numbers? 

11. A and B gain money in trade, but A receives 
ten dollars less than B. If A's share be subtracted 
fi*om twice B's, the remainder will be fifi;y-seven dol- 
lars. How much money did each receive ? 

12. One number is four less than another, and if 
twice the less be subtracted from five times the 
greater, the remainder will be thirty-eight. What 
are the numbers?- 

13. Two farms belong to A and B. A has twenty 
acres less than B. If twice A*s farm be taken firom 
three times B's number of acres, the remainder will 
be one hundred acres. How many acres has each ? 

14. One number is seven less than another, and if 
three times the less be taken from four times the 
greater, the remainder will be six times the difference 
between the two numbers. What are the numbers ? 

15. Anna is four years younger than Mary. If 
twice Anna's age be taken from five times Mary's, 
the remainder will be thirty-five years. What is the 
age of each ? 

16. One number is ten less than another. If three 
times the less be taken from i\\e times the greater, 
the remainder will be seven times the difference of 
the two numbers. What are the numbers? 

17 Eliza bought a doll and a book, giving thre«» 
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cents less for the doll than for the book. If twice 
the price of her doll be taken from four times the 
price of her book, the remainder will be forty-six 
cents. What was the price of each? 

18. If 3 X — 12 be taken from 5 z, what will rep 
resent the remainder ? 

X 1 

19. If — be taken from x, what will express 

the remainder ? 

4 X 3 

20. If be taken from 2 x, what will be 

the remainder ? 

21. Reduce the equation 4tx — x -{-9=^15. What 
does x represent ? 

22. Reduce the equation 5z — 3x-f 18 = 28. 
What number does x represent ? 

23. What number docs x represent in the equation 
3a;_2a; + 4 = 13? 

24. What number will express the value of x in 
the equation 2x — 2-f-Jzz:2J? 

25. What is the value of x in the equation 3 x — x 
+ 7 = 25? 



SECTION XX. 

1. John and William together have twelve apples. 
If John's share be subtracted from twice the numbei 
that both have, the remainder will be four times Wil- 
liam's share. How many apples has each ? 
Let x represent William's share ; 
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then 12 — x will represent John's share. 
Twice the number that both have is twice 12, which 

is 24. 
If from 24, 12 — % be taken, the remainder will be 

four times William's share ; that is, 4 ». 

If the whole of 12 be taken from 24, x too many will 

be taken away, and x must be added to what is 

left, to give the true remainder ; 

thus, 24 — 12 -|- aJ, will express the difference. 

Therefore, by the conditions of the question, 

12 + a: = 4a:. 

Subtracting x from each member, gives 

12=31. 

Dividing each member by 3, gives 

4 = x, or William's share ; 

12 — a; = 8, or John's share. 

2. If twelve be taken from twenty, the remainder 
will be eight. What more will remain if 12 — x be 
taken from 20 ? and what expression will represent 
the remainder ? 

3. If 9 — X be taken from 15, what expression will 
represent the remainder ? 

4. If 10 — z be taken from 10, what will be left ? 
If 10 be taken from 10, nothing will remain ; but if 

10 diminished by the number which x represents, be 
taken from 10, it is evident that the number that x 
represents will be the remainder ; 

therefore, x will be the remainder. 

It may be expressed thus; 10 — 10 -|- 2;, which is 

equal to x. 

5. If 10 — X be taken from 23, what will express 
the remainder ? 
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6. If 12 — 2z betaken from 17, what exprcssi-M 
will represent the remainder ? 

7. If, in the above question, the value of % is 4, 
what number will express the remainder ? 

8. Robert and William together have twenty cents. 
If twice William's money be subtracted from three 
times what both have, the difference will be four and a 
half times Robert's money. How many cents has each ? 

0. The sum of two numbers is thirty. If the 
grc.iter be taken from twice the sum of both, the 
difference will be equal to four times the less number 
What are the numbers ? 

10. The joint wages of two men for one week are 
eighteen dollars; and- the sum that each receives is 
such, that if twice B's money be subtracted from 
three times the amount that both receive, the remain- 
der will be two dollars less than four times the mon'^.y 
which A receives. IIow many dollars does each re- 
ceive ? 

1 1 . Divide seven into two such parts, that the dif- 
ference between the larger and twice the sum of both 
will be one more than three times the smaller num- 
ber. What are the numbers? 

12. If Anna's age be added to Susan's, the sum 
will be fourteen years ; but, if Anna's age be taken 
from three times the sum of their ages, the remainder 
will be eight times Susan's age. How old is each? 

Let 2 = Susan's age. 

13. Divide forty into two such parts, that, if the 
larger be taken from twice the sum of both, the- 
smaller shall be three elevenths of the remainder 
What are the two parts? 
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14. Andrew and Peter have eleven oranges, which 
they wish to divide in such a manner, that the differ- 
ence between Andrew's share and twice the number 
of oranges shall be one orange less than four times 
Peter's share. How many oranges has each ? 

15. The sura of two numbers is sixteen. If two 
fifths of the greater be taken from the sum of both, 
the less number will be equal to one half of the dif- 
ference. What are the numbers? 

16. Frederic gave twenty-four cents for a book and 
pencil. If the price of the book be taken from twice 
the cost of both, the difference will be equal to four 
times the price of the pencil. What was the price 
of each ? 

17. Divide twenty-eight mto two such parts, that, 
if one fourth of the greater be taken from the whole 
number, the difference will be twice the less number 
What will the parts be ? 

18. A cow and sheep cost thirty dollars. If the 
cost of the cow be taken from twice the cost of both, 
the remainder will be seven times the cost of the 
sheep. What was the cost of each ? 

19. Divide thirty-two into two such parts, that if 
four fifths of the greater be taken from twice the 
whole number, the remainder will be four times the 
less number. What are the parts ? 

20. A man and boy received thirteen dollars for a 
week's labor. If two thirds of what the man received 
be taken from twice the sum that both had, the dif- 
ference will be five times the money which the boy 
r'^ceived. How many dollars had each ? 



f 
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SECTION XXI. 

I. Eliza and Anna have ten books ; and one half 
o-f Anna's number of books is equal to one third of 
Eliza's. How many books has each ? 

Let X represent Eliza's number of books ; 
then 10 — 2 will represent Anna's number. 

One half of 10 — x will be 5 — — ; 

2 

but this must be equal to one third of Eliza's, or — ; 
therefore, by the conditions of the question, 

X - X 

"s"— "2* 
Adding — to each member of the equation, 

3 ' 2 
Reducing the terms of the first member to the same 
denomination, 

— O- — ^ 

6 "^ 6 "~ * 

Uniting terms in the first member, 

6 

If (me sixth of 5 z is 5, the whole of 5 z will be six 

times 5, which is 30. 

If 5 z = 30, X will be one fifth of 30, which is 6 ; 

therefore, x = 6, Eliza's books, 

and 10 — x = 4, Anna's books. 

Or. 

bx f, 
since — = 5, 

6 
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multiplying each member by 6, 

5x = 30. 

Dividing each member of this last equation by 5, 

x=z6, as above. 

2. The sum of two numbers is five, and one half 
of the less number is equal to one third of the greater 
What are the numbers ? 

3. What is one half of the expression 10 — xl 

4. If the expression 10 — a: be divided by 2, what 
will represent the quotient ? 

5. What is one fourth of the expression 10 — xl 

6. If the expression 10 — x be divided by 4, what 
will represent the quotient ? 

7. If 15 — 2 X be divided by 3, what will the quo- 
tient be ? 

8. John and William have seven oranges. One 
half of William's number is equal to two thirds of 
John's. How many oranges has each ? 

9. The sum of two numbers is fourteen, and one 
half of the greater is equal to two thirds of the less 
number. What are the numbers ? 

10. A and B gained ten dollars, and one half of 
A's share is equal to one third of B's. How many 
dollars has each ? 

11. The sum of two numbers is eighteen, and one 
half of the less number is equal to one fourth of the 
greater. What are the numbers ? 

12. The sum of the ages of Sarah and Caroline is 
twenty-six years. One third of Sarah's age is three 
fourths of Caroline's. What is the age of each ? 

13. The sum of two numbers is thirteen, and one 



106 INTELLECTUAL ALGEBRA. § ^^J 

third of the greater is just three fourths of the less 
number. What are the numbers ? 

14. Daniel and Levi have twenty-one dollars. If 
Levi's money be divided by two, the quotient will be 
equal to DaniePs money divided by five. How many 
dolliTs has each? 

15. The sum of two numbers is sixteen, and the 
less number divided by three is equal to the greater 
divided by five. What are the numbers ? 

16. Divide twenty-two dollars between A and B, 
80 that if one dollar be taken fi*om three fourths of 
B's share, and three dollars be added to one half of 
A's money, the sums shall be equal. How many dol- 
lars will each have ? 

17. The sum of two numbers is thirty-three. If 
one sixth of the greater be subtracted from two thirds 
of the less number, the remainder will be seven. 
What are the numbers? 

18. The sum of A's and B's money is thirty-six 
dollars. If five eighths of B's, less two dollars, be 
taken from three fourths of A's, the difference will be 
seven dollars. How many dollars has each ? 

19. Reduce the equation 20 — — — — + 3 = 17 

5 5 

What number will express the value of x ? 

20 2 X 1 

20. In the equation 1-8 = 5 what 

6 3 3 

number is represented by a; ? 
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SECTION XXII. 



1. Anna paid eight cents for a book and a lead- 
pencil, and the pencil cost two cents less than the 
book. What did each cost ? 

Let X represent the cost of the book, 

and let y represent the cost of the pencil ; 

then a; 4" y must express the cost of both, 

and X — y must be the diiflference between the cos . of 

the pencil and book ; 

therefore, x -f- y = 8, and x — y=-% 

Adding x4-y = 8 tox — y = 2, gives 

x + y + x— 5^ = 8 + 2. 

Uniting terms in each member, gives 

2x=10. 

Dividing each member by 2, gives 

X = 5 cents, the cost of the book. 

Putting 5, the value of x, in the place of x, in the 

equation x -{- y =i 8, gives 

5+y = 8. 

Taking 5 from each member of this last, gives 

y = 3 cents, the cost of the pencil. 

Or, 

(1.) By a condition of the question, . . . x-f-y = ^ 

(2.) By another condiclcn, x — y = 2. 

(3.) Adding 2d to 1st, 2x=10 

(4.) Dividing 3d by 2, x=r5, as above. 

(5.) Substituting 5, the value of ) - i q 

X, for X in the 1st, I* * * 

(6.) Taking 5 from each member ) « ^^ ^^^^ 

of 5th y^ 
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2. The sum of two numbers is eleven, and their 
difference is three. "What are the numbers? 

Let X represent the greater number, 

and let y represent the less number ; 

then x-\-y will express their sum, 

and X — y will express their difference. 

(1.) Then, by a condition of the question, x-\'y=:\i 

(2., And, by another condition, x — y = 3. 

(3.) Adding 2d to 1st, 2z=:14. 

(1.) Dividing 3d by 2, . . a; = 7, the greater number. 
(5.) Subtracting x from each mem- > , - 

berof 1st, r -y-^^— ^• 

(6.) Putting 7, the value of x, for i, ) - - ^ 

in 5th, ]' '^"^ 

Then y = 4, the smaller number. 

3. The sum of the ages of two boys is twelve 
years, and the difference of their ages is six years. 
What are their ages? 

4. If x-j-y be added to x — y, what expression 
^vill represent their sum ? 

5. If 3a; + y be added to 4z — y, what will ex- 
press the sum ? 

6. If 2a; — 3y be added to 3a; + 3y, what will 
represent their sum ? 

7. If the equation x — y = 3, be added to the 
equation x-{-y=i7, what equation will express the 
sum of the two ? and what are the respective values 
of X and y ? 

8. If the equation x -|- y = 10, be added to the 
equation 3x — y = 16, what new equation will result 
from the addition ? What are the respective values 
of X and y ? 
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9. If 2 z — y = 1 1 be added to the equation 4 z + 
y = 31, what will be the equation expressing their 
sum ? and what numbers do x and y respectively rep- 
resent ? 

10. If ^x — y = 27 be added to 32 + y = 29, 
what equation will express the result ? and what will 
be the respective values of x and y ? 

11. If3z — 2y = 18 beaddedto2z + 2y = 2:2, 
what will be the sum of the two equations ? What 
will be the value of z, and what the value of y ? 

12. If z -j- 3 y = 28 be added to the equation 3 z 
— 3y=12, what equation will express the result? 
What is the value of z and y, each ? 

13. If the equation y = y be added to the equa- 
tion z — y = 2, that is, ify be added to each member 
of this last equation, what will the equation become ? 

14. Charles bought five peaches and two pears for 
seventeen cents, and found that two pears cost four 
cents less than two peaches. What did one of each 
cost? 

15. There are two numbers, such that, if three 
times the greater be added to three times the less, the 
sum will be twenty-one ; and if three times the less 
be taken from five times the greater, the remainder 
will be nineteen. What are the numbers? 

16. If three times Anna's age be added to three 
limes Mary's age, the sum will be thirty-three years ; 
and three times Mary's age is thirty-seven years less 
than seven times Anna's. What are their respective 
ages? 

17. Four times the sum of two numbers is twenty 
eight, and the difference between six time^ the greater 
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and four times the less is twelve. What are the num- 
bers? 

18. A market-man sold three melons and four 
peaches for thirty-eight cents, and, at the same prices, 
five melons would sell for forty-two cents, more than 
he received for the four peaches. What did he re- 
ceive for one of each ? 

19. The difference between two numbers is seven, 
and four times the greater added to the less is forty- 
three. ' What are the numbers ? 

20. A farmer bought three sheep and a cow for 
twenty-six dollars. At the same rate, a cow would 
cost four dollars less than twelve sheep. What did 
he pay for the cow, and what for a sheep ? 

21. Twice the smaller of two numbers, taken from 
three times the larger, leaves only fourteen ; and, if 
the larger be added to twice the smaller, the sum will 
be eighteen. What are the numbers ? 

22. If three fourths of John's age be taken from 
William's age, the difference will be six years ; but if 
five times William's age be added to three fourths of 
John's, the sum will be sixty-six years. What is the 
age of each ? 

23. One number is two more than twice another, 
dud the sum of four times the larger and twice the 
smaller is forty-eight. What are the numbers ? 

24. The sum of one seventh of Anna's money and 
one third of George's is six cents, and if one third of 
George's be taken from four sevenths of Anna's, the 
remainder will be nine cents. How mtmy cents had 
each? 

25. Divide twenty into two such parts, that tl^c dif- 
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ference between the smaller and three times the larger 
will be twenty-four. What are the parts ? 

26. The sum of two numbers is fourteen, and the 
difference between four times the greater and twice 
the less is twenty-six. What are the numbers ? 

Let X = the greater number, 

and y = the smaller number. 

(1.) By one condition of the question, . ic -j- y = 14. 

(2.) By another condition, 4x — 2y = 26. 

(3.) Adding 1st to itself, 2i-j-2 y = 28. 

(4.) Adding 3d and 2d, 62; = 54. 

(5.) Dividing each member of > x = 9, the greater 

4th by 6, ) number. 

(6.) Subtracting x from each) ,. 

member of 1st, .....)'' 
(7.) Substituting 9, the value >y = 14 — 9, or 5, the 

of X, in 6th, J smaller number. 

27. If x + y=z9 be added to a; + y = 9, what 
equation will be formed ? 

28. If3x — 2y = 21beaddedto5a; + 2y=:67, 
what equation will express the sum 1 and what num- 
bers do X and y represent 1 

\ X ^ y ^ X 

29. If = 2 be added to the equation -- 

9 5 ^9 

Zy 

-j = 10, what will express the sum? and what 

numbers do x and y represent? 

30. Add the equation — -|- -|- = 18 to the equation 

= 7. What equation will express the sura? 

5 4 

and what numbers are represented by x and y re- 
spectively ? 
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31. If the equation x + y=:C be added to itself, 
what equation will express the sum ? that is, if x -f- 
y 1= G be multiplied by 2, what will be the product ? 

32. If ic + y = 6 be subtracted from 2 a; + 2 y = 
12, what equation will express the remainder ? that is, 
if the equation 2x + 2y= 12 be divided by 2, what 
equation will express the quotient ? 

33. What is one third of the equation x -j- y = C ? 

34. If the equation x + y=:6 be divided by 2, 
what equation will express the quotient? 

35. If the equation x — y=:2 be added to itself, 
what equation will represent the sum ? 

36. If the equation x — y = 2 be multiplied by 2, 
what new equation will be produced ? 

37. If X — yz=2 be multiplied by 4, what equa- 
tion will express the product ? 

38. If X — y = 2 be subtracted from the equation 
2 X — 2 y = 4, what equation will represent the 
remainder 1 

39. If the equation 2x — 2y=:4be divided by 2, 
what equation will represent the quotient ? 

40. What is one half of the equation 2 x — 2 v 
= 4? 



SECTION XXIII. 

1. A FARMER sold to oue man two sheep and three 
lambs for seven dollars, and to another, at the same 
rate, one lamb and two sheep for five dollars. Wliat 
did he receive for one of each ? 



/ 



() 23.1 INTELLECTUAL ALGEBRA* 11 3 

Let X = the price of a sheep, 

and y =. the price of a lamb ; 

then 2 z = the value of two sheep, 

and 3 y = the value of tliree lambs. 

But two sheep and three lambs were sold for seven 

dollars ; 

therefore, by the first condition of the question, 

the first equation will be, 

2x + St/ = 7. 

Also one lamb and two sheep were sold for five 

dollars ; 

therefore, by the second condition of the question, the 

second equation will be 

22-|-y = 5. 

Now, if 2a; + y ^® taken from 2a; + 3y, 2y only 

will remain, 
and 2 y will be equal to the difference between 5 and 7 ; 

therefore, 2y = 2, and y = 1. 

Since y = the price of a lamb, he sold a lamb for one 

dollar. 

In the equation 

2x + y = 5, 

substituting 1, the value of y, instead of y, 

2a;+l = 5. 

If 2 2 and 1 more = 5, 2 x alone = 4, 

and 2 = 2. 

But aj:= the price of a sheep; therefore he sold a 

sheep for two dollars. 

Or. 

(1.) By a condition of the question, . 2a; + 3y = 7. 

(2.) And, by another condition, . . . 2a; + y = 5. 

fa.) Subtracting 2d from 1st, 2v = 3 

8 
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(4.) Dividing 3d by 2, y = l. 

(5.) Subtracting y from 2d, ....... 22 = 5 — y. 

(6.) Substituting 1, the value of| c^ ^ , * 

J «* X ■ o ^"~~ JL y or tIi 
y, in tlie 5th, ) 

(7.) Dividing Gth by 2, a; = 2, as aboye. 

2. The sum of two numbers is twelve ; and if 
twice the greater be added to the less, the sum will 
be nineteen. "What are the numbers ? 

Let X =. the greater number, 

and y = the smaller number. 

(1.) By a condition of the question, . 2 2 + y =^ ^^ 

(2.) By another condition, a;-|-y=12 

(3.) Subtracting 2d from 1st, ( , ^t'^' 

(the greater number. 

(4.) Subtracting X from 2d, y=12 — x- 

(5.) Substituting 7, the value of ^ y = 12 — 7, or 5, 

T, in 4th, J the smaller. 

3. If the expression x -[- y be taken from 3 x -|-y, 
what will represent the remainder? 

4. If 2 2 + 2y be taken from 2x-\-5y, what will 
be the remainder ? 

5. If 2 z + 3 y be taken from 7 2 + 3 y, what will 
remain ? 

6. If 2+^y b® taken from 3 2 + 4y, what will 
express the difference ? 

7. If 2 + 2y be taken from 2 -|- 9y, what will be 
the difference ? 

8. If the equation 22 + y = ll be taken from the 
equation 2 2 + 9 y =1 35, what equation will express 
tlie difference ? and what are the values of x and v 
respectivelj ? 
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9. If the equation a: + 2 y = 13 be subtracted 
from the equation 5x-\-2y=: 25, what equation wil^ 
express the remainder? and what are the respective 
values of x and 5 ? 

10. George paid sixteen cents for two pens and 
four pencils. Charles, buying at the same price, paid 
ten cents for two pens and two pencils. What was 
paid for a pen, and what for a pencil ? 

11. The sum of two numbers is thirteen; and 
three times the greater added to the less is twenty- 
seven. What are the numbers ? 

12. A man sold five lemons and two oranges for 
twenty-two cents; and again he sold, at the same 
rate, two oranges and three lemons for eighteen 
cents. What did he receive for one of each? 

13. The sum of two numbers is seven. If five 
times the less, be added to the greater, the sum will 
be fifteen. What are the numbers ? 

14. A boy paid thirty-nine cents for three lead 
pencils and five writing-books, and he aflerwards 
purchased, at the same rate, three pencils and three 
writing-books for twenty-seven cents. What did he 
pay for one of each ? 

15. Find two such numbers, that the sum of twice 
the greater added to six times the less, will be thirty- 
six, and the sum of three times the less added to 
twice the greater will be twenty-four. What are the 
numbers ? 

16. Eliza bought two peaches and seven pears for 
twenty cents; and again, at the same rate, she bought 
three pears and two peaches for twelve cents. What 
did she pay for one of each ? 
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17. There are two numbers such that, if five times 
rhe greater be .idded to three times the less, the sum 
will be forty-four; and if three times the less be 
added to the greater, the sum will be sixteen. What 
are the numbers ? 

1ft. Twice George's age added to five times Lucy's 
is forty-three years, and twice Lucy's added to twice 
George's is twenty-two years. How old is each ? 

19. Find two numbers, such that the sum of three 
times the greater added to eight times the less will be 
forty-seven, and the sum of twice the less added to 
three times the greater will be twenty-three. What 
are the numbers ? 

20. A man bought a cow and ten sheep for forty 
dollars. He then sold, at the same rate, seven sheep 
and a cow for thirty-four dollars. What was the 
price of one of each ? 

21. John said to Henry, " If one half of my money 
be added to two thirds of yours, the sum will be ten 
dollars." Henry replied, ** If one third of my money 
be added to one half of yours, the sum will be seven 
dollars." How many dollars had each? 

22. There are two numbers such, that if three 
fourths of the greater be added to two thirds of the 
less, the sum will be twenty-five ; but if two thirds of 
the less be added to one fourth of the greater, the 
sum will be only fifteen. What are the numbers? 

23. If the equation 32;-|-3y = 21 be subtracted 
from the equation 3 x -f- 5 y = 27, what equation will 
represent the remainder? and what will be the re- 
spective values of x and t/ ? 

24. If ic + 2yi=16 be taken from 9 2-f-2y = 
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82, what equation will express the difference? and 
what will be the respective values of x and y ? 

25. irthe expression -^ + — be subtracted from 

the expression — -j — =^, what will represent the dif- 
ference ? 

26. If from the equation — -j — ^ = 14, the equa- 

tion 1 — ^ =z 8 be taken, what equation will result 

from the subtraction ? and what will be the respective 
values of x and y 1 

27. Subtract ^^^zzzU from — + ^ z= 23. 

8 ' 4 8 ' 4 

What will be the remainder ? and wh«it numbers do 
X and y respectively represent ? 

28. Reduce the equations 3 tc - j- 7 y = 29, and x -f- 
2 y = 9, the respective values of x and y being the 
same in each equation. What number does x and y 
each represent ? 

(1.) x + 2y = 9. 

(2.) 3x + 7y=:29. 

(3.) Multiplying 1st by 3, 3zJ-6 y = 27. 

(4.) Subtracting 3d from 2d, y = 2. 

(5.) Taking 2y from each) 2.__g_2 

member of the Ist, ..)'*' 
(6.) Substituting 2, the value ) . a; ~ 9 _4^ or x = 5. 

of y, in 5th, ) 

Therefore, the number represented by y is 2, 

and the number represented by x is 5. 

29. If x and y respectively represent the same 
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numbers in the equations 5 x -f- 2 y = 26, and 5 z -|- 
8y = 44, what will be the value of each ? 

30. If 2 + ^ = 7 be taken from 2a; + 4y=iz20, 
what will express the difference ? 

31. If 2 Jc + 4 y = 20 be divided by 2, what will 
be the quotient ? 

32. What is one half of4a; + 6y = 34? 

33. Divide 3 2 + 9y = 39 by 3. What will b« 
the quotient? 

34. What is one third of 6 x + 3 y = 33 ? 

35. What is two thirds of6a; + 3y = 337 

36. What is three fourths of 8 z + 12 y = 28 ? 

37. Divide x + i/ = 6 by 2. What will be the 
quotient ? 

38. What is one third of 2 2 + y = 12 ? 

39. What is two thirds of 2 1 + y =1 12 ? 

40. What is three fourths of2a; + y=12'' 



SECTION XXTV 

1. A BOY bought five oranges and two lemons for 

twenty-six cents, and a lemon cost one cent less than 

an orange. What was the price of one of each 1 

Let X = the price of an orange, 

and y -- the price of a lemon. 

(1.) By a condition of the question, . . . ,x — y==i 

(2.) By another condition, 5a; + 2y = 26i 

(3.) Multiplying 1st by 2, 2a; — 2y=:2 . 

(4.) Adding 2d and 3d, 72 = 28 
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(5.) Dividing 4th by 7, . . a; z= 4, price of an orange. 
(6.) Subtractinor 5 x from each ) n nn f 

member of 2d, . . . . ) 
(7.) Substituting 4, the value I 2^ = 26 — 20 = 6. 

of X, for X, in 6th, . . I 
(8.) Dividing 7th by 2, . . . y z= 3, price of a lemon. 
An orange cost 4 cents, and a lemon 3 cents. 

2. The difference of two numbers is three, and the 
sum of four times the greater added to three times the 
less is twenty-six. What are the numbers ? 

Let X = the greater number, 

and y = the smaller number. 

(1.) By a condition of the question, . . . .x — y = 3. 

(2.) By another condition, 4a;-j-3y = 26. 

(3.) Multiplying 1st by 3, 3a; — 3 y = 9. 

(4.) Adding 2d to 3d, 7 a; = 35. 

(5.) Dividing 4th by 7, x =: 5, the greater. 

(6.) Subtracting 4 z from 2d, . . . . 3y = 26 — 4a:. 

(7.) Substituting 5, the value of ) o or on a 

X, for X, in 6th, ) 

(8.) Dividing 7th by 3, y =: 2, the smaller. 

The greater number is 5, and the smaller 2. 

3. If twice the expression x — y be added to the 
expression 3 z + 2 y, what will represent the sum ? 

4. If five times the expression 2 a; — y be added to 
3 X 4" 5 y, what will express the sum ? 

5. If twice the equation x — y = 1 be added to 
the equation 3 a; + 2 y = 8, what equation will rep- 
resent the sum? and what will be the respective 
values of x and y ? 

6. If three times the equation 2 a; — y=^5 be 
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added to die equation 4 x + 3 y =■ 25, what new equa 
tion will result from such addition ? and what num 
bers do x and y respectively represent ? 

7. Multiply the equation 2x — 2y = 4by2, and 
add the product to the equation 3a: + 4y = 20. 
What will represent the result? and what are the 
respective values of x ancl y 1 

8. If four times the equation x — y = 5 be added 
to 2x-{'iy=: 22, what equation will be formed ? 
What will be the value of ar, and what of y ? 

9. If three times the equation 2x — 2y=:4 be 
added to 4 x -(- G ?/ =: 68, what equation will result? 
and what will be the value of each of the unknown 
quantities x and y ? 

10. A farmer sold a cow and a calf for twenty-five 
dollars. At the same rate, three calves would be sold 
for five dollars less than whtit he obtained for the cow. 
How many dollars did he get for each ? 

11. There are two numbers, such that, if twice the 
greater be taken from three times the less, the re- 
mainder will be two, and if four times the less be 
added to the greater, the sum will be twenty-one. 
What are the numbers ? 

12. If three times Eliza's age be added to four 
times Clara's, the sum will be thirty-eight, and if 
Clara's be taken from twice Eliza's, the remainder 
will be seven. What is the age of each? 

13. Find two numbers, such that the sum of three 
times the greater and twice the less shall be twenty- 
one, and, i^ Mght times the less be subtracted from 
nine times tYi« greater, the remainder will be twenty- 
one. What are the numbers ? 
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14. If three times George's books be added to 
Mary's, the sum will be twenty-three ; but if five times 
Mary's be taken from five times George's, the remain- 
der will be twenty-five. How many books has each ? 

15. Divide seventeen into two such parts, that the 
difference between three times the smaller and five 
times the larger shall be forty-five. What are the 
parts ? 

16. Two men m partnership divide their gain, sc 
that the sum of twice A's share, added to B's share, 
will be twenty-seven dollars; and if three times B's 
money be taken from four times A's, nineteen dollars 
will be left. How many dollars will each have 1 

17. There are two numbers whose difference is 
four, and if three times the greater be added to three 
times the less, the sum will be thirty. What are the 
numbers ? 

18. A melon and an orange together cost twenty 
cents, and one fourth of an orange cost three cents 
less than one fourth of a melon. What did each cost ? 

Let X = the cost of a melon, 

and y = the cost of an orange. 

X y 
(1.) By a condition of the question, . . . = 3. 

(2.) By another condition, x-|-yz=20. 

(3.) Multiplying 1st by 4, ^_^=12. 

(4.) Reducing fractions in 3d, x — yz=12. 

(5.) Adding 2d and 4th, 2x = 32. 

(6.) Dividing 5th by 2, x=16. 

(7.) Taking x from each member ) c>q «. 

m the 2d, ( • - • ^ 



12*2 INTKLLKCTUAL ALGEBRA. [§ 24. 

(3 ) Substituting IG, the value of ( ^r. ^^ - 

T, for X, in the 7tli, ....)' ~ 
A melon cost IG conls, and an orange 4 cents. 

19. Tlierc are two nunibors, such that, if one fitlh 
of the smaller be taken from one fiflh of the larger, 
the remainder will be one, and if three times the larger 
be added to the smaller, the sum will be thirty-five. 
What arc the numbers ? 

20. If one half of the price of a horse be added 
to one fourth of the price of a cow, the sum will be 
forty-six dollars ; but if one eighth of the price of the 
cow bti taken from one eighth of the price of the 
horse, the remainder will be seven dollars. What is 
the price of each ? 

21. If one sixth of a less number be taken from 
one third of a larger, the remainder will be three, 
and if two thirds of the larger be added to one half 
of the smaller, the sum will be sixteen. What are 
the numbers ? 

2*2. A man said, that if one half the price of his 
saddle were taken from one iif\h of the price of his 
horse, the difference would be fifteen dollars ; but one 
tenth of the price of his horse and one tenth of the 
price of his saddle together would be eleven dollars. 
What was the price of each ? 

2JJ. If one half of the greater number be added to 
the whole of the less, the sum will be seven ; but if 
one half of the less be taken from the whole of the 
greater, the remainder will be four. What are the 
numbers ? 

24. If twice 22 — 2^=;: 7 be added to 32 + 2^ 
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= 21, what equation will express the result? and 
what are the respective values of x and y ? 

X y 

25. If four times the equation = 1 be 

4 4 

added to 2 -j- y = 20, what equation will represent 
the sum? and what are the respective values of x 
and y1 

y 

26. If three times the equation x = 7 be 

added to 4 a; + y = 42, what equation will express 
the sum? What do x and y represent? 

27. If four times the equation x = 9 be 

y 
added to the equation 6 2 -| = 54, what equation 

will be formed? and what will be the respective 
values of x and y 1 

z X y 

28. If three times the equation =10 be 

3 6 

X y 
added to twice the equation 1 = 12, what equa- 
tion will express the sum? and what will be the 
respective values of x and y ? 

29. If four times the equation x = 4 be 

added to three times the equation 2x-\ = llj, 

what equation will result ? and what will be the re* 
q>ective values of x and yl 



1 
.-4 
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SECTION XXV. 

1. A FARMER sold fivc barrels of pears and four 
barrels of apples for twenty-three dollars. He after- 
wards sold, at the same rate, two barrels of each for 
ten dollars. What was the price of a barrel of each t 

Let X ^= the price of a barrel of pears, 

and y = the price of a barrel of apples. 
( 1 .) By one condition of the question, 2x + 2y = 10 

(2.) By another condition, 5x + 4y = 23. 

(3.) Multiplying 1st by 2, 4x + 4L y = 20. 

(4.) Subtracting 3d from 2d, x = 3. 

(5.) Taking 2x from each mem- ) cy iq o 

berof 1st, | • -y — 

(6.) Dividing 5th by 2, y = 5 — x 

(7.) Substituting 3, the value of) - o q 

X, in the 6th, |-y-- — • 

A barrel of pears cost 3 dollars, and a barrel of apples 
cost 2 dollars. 

2. There are two numbers, such that three times 
the greater added to the less is fourteen, and three 
times the less added to the greater is ten. What are 
the numbers ? 

3. If twice the expression jc + y be subtracted 
from the expression 2x-f-3y, what will represent the 
remainder ? 

4. If 2 X + y, multiplied by 4, be subtracted from 
8 X -j- 6 y, what will represent the remainder ? 

5. If twice the equation 3x-j-2y = 8 be sub- 
tracted from the equation 7x-f"4y=18, what equa* 
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tion will ri3present the remainder ? What number 
does X and y each represent? 

6. If from three times the equation 2z-j-yi=10 
the equation 4 x -f- 3 y = 22 be taken, what equation 
will express the result ? What will be the respective 
values of x and y ? 

7. Multiply the equation a: -j- 2 y =: 7 by four, and 
from the product subtract the equation 4a:-f-4y = 
16. What equation will express the result ? What 
will be the values of x and y, each ? 

8. When twice Mary's age is added to three times 
Jane's, the sum is nineteen; and when three times 
Mary's age is added to Jane's, the sum is eighteen. 
What is the age of each ? 

9. When the greater of two numbers is added to 
twice the less, the sum is fourteen ; and when the less 
is added to twice the greater, the sum is sixteen. 
What are the numbers? 

10. Martha bought three pencils and a book for 
nineteen cents. Abby bought, at the same rate, a 
pencil and two books for twenty-three cents. What 
was the cost of one of each ? 

11. There are two numbers, such that, if five times 
the greater be added to four times the less, the sum 
will be thirty-eight, and if twice the less be added to 
the greater, the sum will be ten. What are the num- 
bers? 

12. A farmer sold five sheep and four lambs for 
twenty-three dollars. He afterwards bought, at the 
same rate, a sheep and two lambs for seven dollara 
What was the price of one of each ? 

13. Divide twenty-five into two such parts, that 
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the sum of three times tlie less and four times the 
groutor sliall be only five less than four times the sura 
of both {);irts. What are the parts 1 

14. If John gives you two thirds of his apples, and 
Henry gives you one half of his, you will receive 
twelve ; but if John gives you one gixth of his, and 
Henry gives you one fourth of his, you will get only 
four. How many apples has each ? 

Let X ==. John's number of apples, 
and y = Henry's number of apples. 

(1.) By one condition of the question, . 1 = 4. 

(3.) By another condition, 1 =12. 

(3.) Multiplying 1st by 2 ,.^-[-l=:8 

(4.) Subtracting 3d from 2d, — = 4. 

(5.) Multiplying 4th by 3, a;= 12 

(G.) Taking — from each member of 3d, — = 8 

3 2 3 

(7.) Putting 12 for x in the Gth, . -^ = 8 — — = 4. 

(8.) Multiplying 7th by 2, y = S 

John had 12, and Henry had 8 apples. 

15. The sum of two thirds of the greater -of two 
numbers added to the less is twelve ; but the sum of 
one fourth of both is only four. What are the num- 
bers? 

16. If from twice the equation 2 2 + y = 17, the 
equation 3 z -j- 2 y = 27 be subtracted, what equation 
will express the difference? What will be the re- 
spf^rtive values of r and ;/ ? 



^25.] INTELLECTUAL ALGEBRA. 121 

17. If twice the equation — -j- — i=ll be taken 

from a;-{-y=:30, what will be the difference? and 
what the values of x and y respectively ? 

18. If the equation — -j- — = 6 be multiplied by 

3, and the product subtracted from the equation x -j- 
y =24, what equation will represent the remainder? 
and what will be the respective values of x and y ? 

19. If the equation ~ -j- — = 8 be multiplied by 

6 X 

4, and the product be taken from the equation (- 

y 

. — = 16, what will represent the remainder ? What 
will be the value of x, and what of y ? 

20. Multiply the equation — -f- — = 5 by 4, from 

2 X 
the product subtract the equation |-y=i:14, and 

what will express the remainder ? What will be the 
respective values of x and y ? 

21. If three times the equation |--^=z:8 be 

taken from the equation 1 — =^ = 33, what equa- 
tion will result ? What will be the value of x, and 
what of y ? 

X y 

22. If the equation 1 = 4 be multiplied by 

5 X 

4, and the product be subtracted from |-2y = 18, 

what equation will result? and what will be the 
respective values of x and y ? 
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1. Thomas bought three apples and one peach foir 
five cents. Again, at the same rate, he bought six 
apples and three peaches for twelve cents. Wha* 
was the cost of one of each ? 

Let X = the cost of an apple, 

and y = the cost of a peach. 

(1.) By one condition of the question, 6 x + *^ y = 12. 

(2.) By another condition, 3x-[-y:=6 

'3.) Dividing 1st by 3, 2z-f-y = 4 

4.) Subtracting 3d from 2d, a;=l 

(5.) Taking 3x from each mem- ) ^ „ 

berof 2d, I • • -y— » 

(().) Substituting 1, the value of) - o o 

x, for z, in 5th, ) ' 

An apple cost 1 cent, and a peach 2 cents. 

2. There are two numbers, such that, if six times 
he less be added to twice the greater, the sum will 

oe thirty-eight, and if twice the less be added to the 
greater, the sum will be fifteen. What are the num- 
oers? 

3. If the expression Gz-f-3y be divided by 3. 
what expression will represent the quotient ? 

4. What is one third of the expression 6 sc -J- 3 y ? 
6. If the expression Ox-f-^y ^® divided by 3, 

what will be the quotient? 

6. What is one third of 9 z + 6 y ? 

7. What will be the quotient of 8 z -j- 4 y divided 
oy 4? 

8. What is one fourth of 8 z -j- 4 y ? 
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9. If the expression 4a; + 2y, divided by 2, be 
subtracted from 3 x -f- y, what will be the remainder ? 

10. If the expression 5 x -j- 5 y, divided by 5, bo 
taken from 3 x -|~ y, what will be the remainder ? 

11. If the equation 6x-f-2y=:28 be divided by 
2, and the quotient be subtracted from the equation 
6x-[-y = 22, what equation will represent the re- 
mainder? What will be the respective values of x 
and y1 

12. If one third of the equation G x -(- 6 y = 48 
be subtracted from 5 x + 2 y = 34, what equation will 
represent the remainder ? and what are the respective 
values of x and y 1 

13. If you divide the equation 4x-f-8y = 20 by 
4, and subtract the quotient from 2 x -j- 2 y = 8, what 
equation will express the result 1 What will be the 
value of each of the quantities x and y ? 

14. Divide 3x + 3y = 24 by 3, and subtract the 
quotient from 4x-f-y = 23. What will be the re- 
mainder ? What will be the value of x, and what 
of y? 

15. A man sold five bushels of wheat and five ol 
rye for fifteen dollars; and again, at the same rate, 
two of wheat and one of rye for five dollars. What 
was the price of a bushel of each ? 

16. Divide some unknown number into two such 
parts, that, if three times the greater be added to the 
Jess, the sum will be seventeen, and the sum of four 
times the greater added to twice the less, will be 
twenty-four. What are the parts? and what is the 
Dumber ? 

J 7. A man bought a saddle and bridle, and, being 
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..-\;.. ui..si ..:» jjave for each, replied, *' If four times 
r.i ,'i.t'f . ; liif ".aiid.'e be added to twice the price of 
ti.i* lira::- . tlu» muu uiU he forty-eight dollars: and if 
ihrcc> t! .10 \\iv price of the snddle be added to the 
pruf vif lilt' hriiilf, the Miin will be ihirty-four *' 
Wh-: du! hf pay for each? 

I *. A f.irnu'r. hointi asked how many cows and 
>: rp lu* h.ni, roplifd. " Two fifths of my cows and 
I to ihircl> of ii)\ >hi'('p would be ten ; but one third 
o\ in\ >hi«'p and tlio whole of my cows would be 
th.iicfii.' ilow iiHiiiy had he of eacli ? 

li». 'Durt' aro iwo numbers, such that, if three 
**ourili> of till- irrt-ator be adiied to six fifths of the 
MnalltT, ilw >uiii will be twenty-four; but if two fifths* 
of tilt' Miialhr l»o added to one hilf of the ;rreatcr, the 
^*ulll will In' only one half as much. What are the 
nmnlu'r> I 

•Ji). If >i\ fifilis of Daniel's age be added to three 
li:ilv»'s i^i Li'vi'.s, ilu» sum will be twenty-seven years; 
ami il* till' wlhtjt* of Levi's age be added to three 
liiili.s ill' Paniil's, iho sum will be fifteen. What is 
tlu* ai:i' oi' each I 

'J I. Divide twenty-three into two such parts, that, 
it" three .sevenths oi' the greater be added to two 
tliiuls of the smaller, the sum will be twelve. What 
are the parts ? 

'^J. A man, being asked what he gave for his horse 
and cow, answered, '* Four sevenths of the cost of the 
lior.*;e, adtled \o eight ninths of the cost of the cow, 
will be fifty-two dollars; and two ninths of the cost 
of the ct»w, added to twi> sevenths of the cost of the 
Ihirst*, will be twenty-two dollars." What was the 
ctKt of each? 
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23. If you divide the expression 4 x -j- — by 2, and 

subtract the quotient from 3 x + — , what will repre- 
sent the remainder? 

24. What will remain afler subtracting one half of 

'3 '3 

25. If you divide ~ -j — ^ by 3, and subtract the 

quotient from ~ + — , what will express the remain- 
der? 

26. If you take one third of y + ^ ^'^om y + ?/, 
what will express the remainder ? 

27. If you divide the equation 4 x -j- ^ = 20 by 2, 
what equation will express the quotient ? 

28. What is one fourth of the equation ~ + -^ 
= 24? 

29. If you divide the equation -; — | = 20 by 

4, and then multiply the quotient by 3, what equation 
will represent the result ? 

30. What is three fourths of the equation — + -^ 

5 5 

= 32? 

31. If you divide the equation 1 — ^=:r 10 by 

3 3 

2, and then subtract the quotient from |-y = 6, 

3 

what equation will represent the remainder? What 
will be the respective values of x and y ? 

32 If one third of the equation 3 x -| — =^ = 27 J>t 
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■ubti acted from x + — = 12, what equation will 

express the remainder? and what will be the r^ 
spective values of x and y1 

33. If from 2z + — =r24 three fourth? of the 

equation a;-|-y=zl7 be taken, what equation will 
represent the remainder? What will be the value 
of 2 ? and what of y ? 



SECTION XXVII. 

1. Five lemons and two pears were bought for 
seventeen cents. At the same rate, four pears would 
cost fourteen cents less than six lemons. What did 
one of each cost? 

Let X = the price of a lemon, 

and y = the price of a pear. 

(1.) By one condition of the question, 6 z — 4y=: 14 

(2.) By another condition, 6x + ^y=17. 

(3.) Dividing 1st by 2, 3 a; — 2y = 7. 

(4.) Adding 3d to the 2d, 8x = 24. 

(5.) Dividing 4th by 8, x = 3. 

(C.) Taking 5 2 from 2d, 2y = 17— 62. 

(7.) Substituting 3, the value 1 2 v z= 17 — 15 or 2. 
of z, in the 6th, . . . . ) "^ ' 

(8.) Dividing 7th by 2, y = 1. 

A lemon cost three cents, and a pear one cent. 

2. There are two numbers, such that, if three 
times the greater be added to nine times the less, 
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che sum will be thirty-six ; and if three times the lens 
be taken from four times the greater, the remainder 
will be eighteen. What are the numbers? 

3. Four times John's money is six dollars more 
thaji twice Mary's, and the two together have nine 
dollars. How many dollars has each? 

4. If the expression 4a;-j-4y be divided by 4, 
and the quotient added to 2x — y, what will express 
the sum ? 

5. If the expression 8 a; -(- 2 y be divided by 2, and 
the quotient be added to the quotient of 6x — 3y 
divided by 3, what will represent the result ? 

6. If the equation 6x + 3y = 24 be divided by 
3, and the quotient be added to 3x — y = 7, what 
equation will express the result ? and what will be the 
respective values of x and y ? 

7. If the equation 6x — 4yi=16 be divided by 
2, and the quotient be added to 3a;-j-2y = 16, what 
equation will result ? and what will be the values of 
X and y, respectively ? 

8. The difference between six times Sarah's age 
and three times Eliza's is eighteen years, and the 
sum of their ages is one half of the above difference. 
What is the age of each ? 

9. Find two such numbers, that if four times the 
less be taken from eight times the greater, the re- 
mainder will be twelve, and the sum of three times 
the greater added to the less will be seven. What 
arc the numbers? 

10. A man sold nine sheep and six calves for forty- 
eight dollars, and he received four dollars less fot 
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three sheep than for two calves. What did he obtain 
for one of eacli ? 

11. There arc two numbers, such that the sum of 
five times the greater added to ten thirds of the less 
IS fifty-five, and if two thirds of the less be subtracted 
from the whole of the greater, the remainder will be 
three. What are the numbers ? 

12. A man bought a saddle and bridle, and said 
that three times the cost of the saddle, added to three 
fourths of the cost of the bridle, would be fifty-seven 
dollars, and that, if one fourth of the cost of the bridle 
be taken from twice the cost of the saddle, the di^ 
ference would be thirty-two dollars. What did he 
give for each? 

13. Find two such numbers, that when four times 
the less is added to four fifths of the greater, the 
sum will be twenty, and when one fifth of the greater 
is taken from the less, the remainder shall be one. 
What are the numbers? 

14. A man said, that the sum of four fifths of the 
value of his horse, added to two thirds of the value of 
his cart, was forty-two dollars, and that the difference 
between one third of the value of his cart and three 
fifths of the value of his horse, was nineteen dollars. 
What was the value of each ? 

15. Divide some number into two such parts, that, 
if six sevenths of the greater be added to three fifths 
of the less, the sum shall be eighteen, and if one fifth 
of the less be taken from five sevenths of the greater, 
the remainder shall be eight. What is the number ? 
and what are the parts ? 
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16. A chaise and harness were sold at such prices, 
that if from three fourths of the price of the chaise 
three fifths of the price of the harness he taken, the 
difference will he sixty dollars, and one fifth of the 
price of the harness, added to one half of the price 
of the chaise, will be fifty-five dollars. For hovr 
much was each sold ? 

17. If the expression 9 x -f- 6 y be divided by 3, 
and the quotient added to z — 2y, what will be the 
sum ? 

18. What is one third of the expression 9x-\-Gi/l 

19. What is two thirds of the same expression ? 

20. What is one tenth of the same expression ? 

21. What is three tenths of the same expression ? 

22. If the equation 1 — ^ = 42 be divided by 

7, what equation will represent the result? 

23. What is one fourth of the equation 1 

3 o 

= 40? 

24. What will represent three fourths of the same 
equation ? 

25. If the equation —^ ^=18 be divided by 

3 5 

4i X y 
58, and the quotient added to the equation 1 =- 

3 b 

27, what will represent the sum ? and what will be 
the respective values of x and y ? 

2G. If three fourths of the equation x — y = 4 be 

added to — -| — ^ = 21, what equation will represent 

4 4 

the sum ? What will be the value of x, and what 
of y1 
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1. A MAN weighed two kinds of cannon balls of 
different weights. When he put into the scale one of 
the heavier and two of th© lighter, it took seven one- 
pound weights to balance them ; but two of the 
heavier and one of the lighter weighed eight pounds 
What was the weight of one of each kind ? 
Let X =. the heavier ball, 
and y =z the lighter ball. 
(1.) By one condition of the question, . z-(-2^=.7. 

(2.) By another condition, 2x-|-y = 8. 

(3.) Taking 2y from each member ) ^ ^^ 

of Ist, |. .a:— y. 

(4.) Taking i/ from each member of 2d, 2x = 8 — y. 
(5.) Dividing 4th by 2, a; = 4— — . 

Since each of the expressions 7 — 2y and 4 

is equal to ar, they are equal to each other, and 
they form a new equation, in which y is the only 
unknown quantity. 

(6.) Putting4—|-, the value) ,4_.y =7_2y. 

of a:, for x, in 3d, . . J 
(7.) Multiplying each mem- ) 8 — v=14 — 4v 

ber of 6th by 2, . . ) * "^ ^' 

(8.) Adding 4y — 8 to each > 8 — y-f 4y — 8 = 14 

member of 7th, . . . ) — 4y-f-4y — 8. 
(9.) Reducing 8th by uniting terms, .... 3y = (x 
(10.) Dividing each member of 9th by 3, y"=2. 



2x=ll — 3y. 
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(11.) Putting 2, the value of > ^ . o 

y, for y, in the 3d, . ) * * 

Therefore, one ball weighed 3 lbs. ; 
the other ball weighed 2 lbs. 

2. There are two numbers, such that the sum of 
twice the greater added to three times the less is 
eleven, and three times the greater is ten more than 
twice the less. What are the numbers ? 

Let X =1 the greater number, 

and y = the less number. 

(1.) By one condition of the question, 2x + 3yi=ll. 

(2.) By another condition, 3x=:2y-j-10 

(3.) Subtracting 3y from each ) 

member of 1st, . . . . ) 
(4.) Dividing each member of > 

3d by 2, ) 

(5.) Dividing each member of ) 

2d by 3, ) 

(6.) Putting value of x in 5th ) 

equal to value of 2 in 4th, ) 

(7.) Multiplying each member > ^ ,20 = 33— 9 y. 

of 6th by 6, and reducing, ) 
(8.) Adding 9 y, and subtracting 20 in 7th, 13 y = 1 3. 

(9.) Dividing by 13 in 8th, . y = 1. 

(1 0.) Putting 1, the value of y, ) ^ _ n— 3 ^^ ^ 

for y, in 4th, ) 2 ' 

Therefore, the greater number is 4, 
and the less number is 1. 

3. If 5 y be subtracted from each side or member 
of the equation 3x-f-5y = 19, what equation will 
represent the result? 



2 

2y+1 

3 

2y+'Q __, n— 3 3^ 
3 2 
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4. If the equation 3 z = 19 — 5 y be divided by 3, 
what equation wiJl express the quotient ? 

5. What must be done to the equation 3 z -f- 5 y = 
19, that the value of x may be found in terms of the 
equation ? and what expression will be equivalent to 
J, or represent the value of a: ? 

6. If T z=: --^Jl^*^, what will represent twice x\ 

What six times z ? 

7. In the equation ^x-\-iyy=^\^^ what expression 
will represent the value of y? What of 3y? 

8. In the equation 5 a: — y z= 13, if y be added to 
each member, what equation will express the result ? 

9. If the equation 5T=:13-j-y be divided by 5, 
what equation will represent the quotient ? 

10. What must be done to the equation 5 a; — y ii- 
13, that the value of x may be found in terms of the 
equation ? What expression will be equivalent to a; ? 

11. In the equation 4 2:-j-3y = 22, what expres- 
sion will represent the value of x? what the value 
of 2 2 ? 

12. In the same equation, what will express the 
vilue of y ? what the value of 6y ? 

13. Find expressions for the value of x m the 
equation 3x-[-2y=zl6, and in the equation 22 + 
5 y =z 18. What are the expressions ? 

14. In the new equation formed by these equivalent 
expressions, what will be the value of y ? 

15. If you substitute, in the equation 2 x + 5 y == 
18, the value of y, thus found, in the place of y, what 
will be the value of x ? 
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16. From the equations 4 a; + 3 y = 26, and 3 x — 
V = 13, make an equation which shall not contain the 
quantity x. What will represent that equation ? 

17. In the new equation thus formed, what will be 
the value of y ? 

18. If the numerical value of y, thus found, be 
substituted for y in the equation 4 a; + 3y == 26, what 
will be the value of x, after the equation is reduced ? 

19. If twice John's age be added to three times 
Peter's age, the sum will be thirty-one years, and if 
twice Peter's be added to three times John's, the sum 
will be thirty-four. What is the age of each ? 

20. There are two numbers, such that three times 
the greater is one more than five times the less ; and 
if twice the greater be added to three times the less, 
the sum will be twenty-six. What are the numbers ? 

21. A boy bought four oranges and three pears 
for fifteen cents ; and again, at the same rate, he 
bought two oranges and five pears for eleven cents. 
What was the price of one of each? 

22. The sum of two numbers is thirteen; and 
their difference is seven. What are the numbers? 

23. If a slate and two writing-books cost twenty- 
five cents, at the same rate two slates would cost 
fifteen cents more than three writing-books. What 
was the cost of one of each? 

24. There are two numbers, such that, if the 
greater be added to twice the less, the sum will be 
eleven ; and if one be added to three times the less, 
the sum will be twice the greater. What are the 
numbers ? 

25. A man sold a cow and a pig, at such prices 
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that, if one fourth of the price of the cow be added 
to one half of the price of the pig, the sum will be 
ei«^ht dollars ; and if the price of the pig be taken 
from five eighths of the price of the cow, the remainder 
will be eleven dollars. What was the price of each? 
Let X = the price of the cow, 
and y =■ the price of the pig. 

(1.) By one condition of the question, . -— -(" ~ = S- 

5 X 

(2.) By another condition, — ymll 

(3.) Taking — from each member of 1st, — =: 8 — — - 

(4.) Adding y to each member of 2d, — = 11 -f-y 

8 

(5.) Dividing each member of 4th by 5, —=: — ^ 

(6.) Multiplying 5th by 2, and ^ ^ _n + Zy 

since y — f"' / ' ^ "" ^ 

(7. ) Putting the value of — in 3d ) S2-f-ay __ y 

and 6th equal to each other, ^ 

(8.) Multiplying each member of ) 44-|-4y = 80 

7th by 10, and reducing, . ) 5y. 
(9.) Adding 5y — 44 to each) o — oft 

member of 8th, j * * * * Jy — rfO 

(10.) Dividing 9th by 9, y = 4. 

(11.) Putting 4, the value of y, ) « o 4 ^ 

for y, in 3d, /T = ®-T'^'^' 

(12.) Multiplying 11th by 4, a; = 24 

The cow cost twenty-four dollars ; 
the pig cost four dollars. 
20. There are two numbers, such that ir t^iro uilni?! 



r 
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of the greater be added to two thirds of the less, the 
sum will be ten ; and if one third of the less be added 
to three fourths of the greater, the sum will be ten. 
What are the numbers ? 

27. In the equation — + ^ = 12, if ?^ be sub- 
tracted from each member, what equation will repre- 
sent the remainder ? 

28. If the equation — = 12— ^ be divided by 2, 
what equation will express the quotient ? 

29. If the equation -^ = 6 ^ be multiplied by 

3 8 

3, what will express the product ? 

30. What must be done to the equation 1 — - 

7= 12, that the value of x may be found in terms of 
the equation? What expression will be equivalent 
to xl 

31. If I = 18 — ^ what will 3 x equal ? 

2 X 3 V 

32. In the equation 1- — ^ = 12, what expression 

will represent the value of y ? 

33. What will represent the value of 2y, in the 
same equation ? 

34. What must be done to the equation — -|- = 

7, that an expression may be found equivalent to x ? 

35. What is the expression for the value of x, in 
the last equation? 

36. Find equivalent expressions for the value of x, 

in the equations — + ~ = 10, and — — "|" ^ ^• 
What will the expressions be? 
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37. In the new equation formed by the T nines of z 
V is the only unknown quantity, and what is its value 1 

I3S. If you substitute, in the equation ~- 

thc value of y, as found above, in the place of y, what 
will be the value of x ? 

39. From the equations -*- — -^ = 6, and -^^ 

•T- = 7, make an equation which shall not contain the 

unknown quantity x. What will that equation be? 

40. In the new equation thus fowned, what will be 
the value of y ? 

41. If the value of y, thus found, be substituted 

for y, in the equation — — — = 6, what will be the 

value of xl 

42. Two boys bought a dog for six dollars. John 
says, " I will give one half of my money, and you 
can give one third of yours, and that will just pay for 
him, but I shall own the greater part of him." ** No," 
says Henry, " I will give two thirds of my money, and 
you shall give only one fourth of yours : that will pay 
for him, and I shall own more than you." How much 
money had each ? 



SECTION XXIX. 

1. A MAN weigher' two kinds of cannon balls of 
different weight? Three of the heavier and two of 
the lighter weighed twenty-one pounds, while one of 
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the heavier and one of the lighter weighed eight 

pounds. What was the weight of one of each kind ? 

Let % = the weight of one of the heavier b&lls, 

and y = the weight of one of the lighter balls. 

(1.) By one condition of the question, 3 a; -(- 2 y = 21. 

(2.) By another condition, a; -|- y = 8. 

(3.) Taking z from each member of 2d, . y = 8 — z. 

(4.) Multiplying 3d by 2, 2y = 16— 2x. 

(5.) Putting the value of 2 y for ) 3 a; + 16 — 2 a; 

2y in 1st, J =21. 

(6.) Taking 16 from each member ) ^ 

of 5th, and uniting terms, ,S 
(7.) Putting 5, the value of a;, in 3d, y = 8 — 5, or 3. 
One kind of ball weighed 5 lbs ; 
the other kind weighed 3 lbs. 
2. There are two numbers, such that three times 
the greater and twice the less, when added, are twenty- 
two, and twice the greater is six more than three times 
the less. What are the numbers ? 

Let X = the greater number, 

and y = the less number. 

(1.) By one condition of the question, 3 a; -f~ 2 y =: 2*2. 

(2.) By another condition, 2a; = 3y-|-6. 

(3.) Dividing 2d by 2, a; = ?^ + 3 

(4.) Multiplying 3d by 3, 3a; = ^ + 9. 

(5.) Putting this value ^or3a;)9y,g,o oo 

in 1st, )2~*" "^ ^"~ 

(6.) Multiplying 5th by 2, . . .9y + 18 + 4y = 44. 

(7.) Takmg 18 from each mem- \ 

ber of 6th, and uniting > 13y=:26. 

tcfrms, / 



\ 
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(S.) Dividing Tih by 13 y = 2 

^9.) Putting 2, the valuo of v, ) 6 , „ ^ 

in the 3d ) 2 * 

The greater number is C ; 
the smaller is 2. 

3. If, from each member of the equation 3x-|-^y 
= 21, 2y be taken, what equation will express the 
remainder ? 

4. If the equation 3z=:21 — 2y be divided by 
3, what equation will express the quotient? 

5. What must be done to the equation 3z-f-2y 
.= 21, to find «in expression equivalent to x, or that 
will represent the value of x? 

G. If J z=: 7 — — , what will 2 x equal ? 

7. In the equation 3 z -f- 2 y =: 21, what expression 
will represent the value of y ? 

8. In the equation 4 x -{- 3y = 22, what expression 
will represent the value of x ? 

9. In the same equation, what expression will rep- 
resent the value of y? 

10. In the equation 2x-|-3y = 12, find an ex- 
pression to represent the value of x. What will the 
exp»'ftssion be ? 

1 1 . Substitute the value of x, thus found, in the 
place of X, m the equation 3x-|-2y=13. What 
will the equation then be ? 

12. If th« equation 18 — ~ + 2y=:13 be mul- 

(iplied by 2, what equation will express the product ? 

1 3. In the equation 36 — 5 y = 26, if 5 y be added 
to vnih xnember, what will express the result 1 
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14. If 26 be taken from each member of the equa« 
tion 36 = 26 + 5 y, what will express the result ? and 
what is the value of y ? 

15. If, in the equation 2 a; + 3 y = 12, 2 be sub- 
stituted in the place of y, what will the value of x be? 

16. A man bought two barrels of cider and one o" 
apples for eight dollars^ and found that, at the same 
rate, three barrels of cider would cost five dollars 
more than two barrels of apples. What did a barrel 
of each cost? 

17. There are two numbers, such that three times 
the greater is two more than four times the smaller, 
and five times the smaller is eight more than twice 
the greater. What are the numbers? 

18. Twice John's money is twelve dollars more 
than Henry's ; and twice Henry's is six dollars more 
than John's. How many dollars has each ? 

19. If you add four to the numerator of some frac- 
tion, the fraction will be one half; but if you add 
four to the denominator, the firaction will be only one 
fourth. What is the fraction ? 

Let X = the numerator, 
and y =z the denominator ; 

then — = the fraction. 
y 

(1.) By one condition of the question, , . ^^ = — 
' y t 

(2.) By another condition, =: --, 

(3.) Multiplying 1st by y, a;-|-4 = — . 

(4.) Multiplying 3d by 2, 2x + 8 = y. 

10 



I IG INTELLECTUAL ALGEBRA. [§ 29 

4x 

(5. J Multiplying 2d bv 4, : = 

(G.) Multiplying 5th by v 4* 4, . . . 4 z = ^ -f. 4 
(7.) Dividing 6th by 2, Ox = -^+2. 

'^.) Pulling this value of 2t in) y_ioio 

the 4th, |^ + - + 8_jf 

(U.) Subtracting ^, Jind uniting) y 

terms in Sth, J 

(10.) Multiplying by 2, 20 = 2y— y, ory. 

(11.) Sulitracting 4 from each ) y^ . 

member of iJd ) 2 

(12.) Putting 20, the value of y, > _20 - ^ 
. o ^'Sx = — — 4, or 6 
m 11th, 5 2 

G= numerator, 

20= denominator; 

the fraction is — . 
20 

20. Mary says one third of her age and four yean 
more are equal to one half of Susan's age ; and Susan 
Kays one fourth of her age and six years more are 
equal to five sixths of Mary's. How old is each? 

21. If you subtract three from the numerator of 
.some fraction, the fraction will be equal to one sev* 
cnth ; but if you subtract three from the denominator, 
the fraction will be equal to one. What is the frac- 
tion? 

22. If the equation ^f— z=:-^-j-4 be multiplied by 

3 and divided by 2, what equation will represent 
the result? 

23. If 4 be taken from each member of the 



/ 
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equation ^ = -|- -|- 4, and the remainder multiplied 
by 4, what expression will represent the value of y t 

24. In the equation — = -^ — 2 find the value of 

X, and substitute it for z, in the equation 2x = — -|- 

o 

6 ; and then find the respective values of x and y in 
numbers. What are they 1 

25. Samuel and Nathan have seven dollars. Half 
of Samuel's money is one dollar more than one third 
of Nathan's. How many dollars has each ? 



SECTION XXX. 

1. When a number is multiplied by itself, the 
product is called the second power or square of tliat 
number, and the number itself is called the second 
root or square root of that square or product. Thus, 
2 X 2 = 4 ; and 4 is the square or second power of 
2, and 2 is the square root or second root of 4. 

2. What is the square or second power of three ? 

3. What is the square root or second root of nine ? 

4. What is the second power or square of four ? 

5. What is the second root or square root of six- 
teen? 

6. What is the second power or square of six? 

7. What is the second or square root of forty-nine ? 

8. The square or second power of x is x times x, 
which may be expressed thus ; x x, or x^ ; and tb 
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square root or second root of z^ is x ; or, using the 
radical sign, \/x^z=.7. The square of 3z is 9z*, 
and the square root of 9 a:- is 3 z, or \/ 9 x^ = 3 z. 

9. "What is the scjuare or second power of y ? 

10. What is the btjuare root or second root of y^l 

11. What is the square or second power of 2y? 

12. Wliat is the second or square root of 4 y^ t 

13. What is the square or second power of 5 z t 

14. What is the second or square root of 36 z^ ? 

15. How many times is z contained in z ? 

IG. If z he divided by x, what will the quotient bef 

17. If 1 be multiplie<i by r, what will the product 
be? 

18. If 2 be multiplied by z, what will the product 
be? 

19. If 2 be multiplied by z-, what will the product 
be? 

20. If 2 z be divided by z, what will be the quo- 
tient ? 

21. If 2 z be divided by 2, what will the quotient 
be? 

22. If 7 z be divided by z, what will the quotient 
be? 

23. If 4 z be multiplied by 2, what will the product 
be? 

24. If 8 z be divided by 4 z, what will be the quo- 
tient ? 

25. If 2z be multiplied by z, what will be the 
product ? 

26. If 2z be multiplied by 2 z, what will the 
product be ? 
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27. If 4 a^ be divided by 2 x, what will the quotient 
be? 

28. If 4 x^ be divided by 4 x, what will the quotient 
be? 

29. What is the second power of 3 x ? 

30. What is the square root of 9 z^ ? 

31. If X = 3, to what will x^ be equal ? 

32. If x2 = 9,.to what will x be equal ? 

33. If X = 4, to what will x^ be equal ? 

34. If x2 z= 16, to what will x be equal ? 

35. If X = 5, to what will x^ be equal ? 

36. If x2 = 36, what will x equal ? 

37. If 2 x2 z= 18, what will x^ equal ? 

38. If the equation 2 x^ = 18 be divided by 2, what 
equation will represent the quotient ? 

39. If the equation 3 x^ = 12 be divided by 3, what 
•quation will express the quotient ? What will be the 
value of X ? 

40. Find the square root of each member in the 
equation x^ =. 16. What is the value of x ? 

41. Find the square root of each member of the 
equation 4 x^ = 36. What will be the value of x ? 

Z X Z X Z X 

42. The square of — is — multiplied by — , which 

18 — ; and the square root of — must therefore bo 
— . What is the square of — ? 

o 2 

43. What is the square root of — ? 

44. What is the square of — ? 

3 
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45. If — be multiplied by ~, what will be the 

3 3 

product ? 

40. What is the square root of — ? 

47. What is the square of -- ? 

48. If — be multiplied by ^ what will be the 



product ? 

49. W] 

50. To what is the expression \/^ -— equal ? 



49. What is the second root of — — ? 

64 



SECTION XXXI. 

1. John says, if his age were multiplied by his 
age, the product would be fi?e times his age. How 
old is he ? 

Let X represent John's age ; 
then z X 3! = z^, the product of his age multiplied by 

his age. 

But this product must be equal to 5 times his age 

or 5z; 

therefore, by a condition of the question, 

x^ = 5x. 

Dividing this equation by z, gives 

z = 5; 



§31.] INTELLECTUAL ALQEBBA. 151 

for, \T xX X ia equal to 5 times x, or x times 5, 

then, X not multiplied hy x, must be equal to 5 not 

multiplied hy x ; 

and the age of John is 5 years. 

2. What number multiplied by itself will be six 
times the number? 

3. A father is six times as old as his son, and his 
age is the square of his son's age. What is his son's 
age? 

4. The square or second power of a number is 
seven times the number. What is the number ? 

5. George has twice as many cents as Robert, and 
if Robert's money be multiplied by the number of 
cents that George has, the product will be double the 
money that both have. How many cents has each ** 

Let X = Robert's money ; 

then 22 = George's money, 

and x -f- 2 X = 3 a; will be the sum of money that both 

have, 

and X X 2 X = 2 x2 will be the product of one's money 

by the other's. 

Therefore, by the conditions of the question, 

2x2=:6x. 

Dividing this by 2 a;, gives 

xz=:3. 

2x=z2X3, or6; 

then George has 6 cents, and Robert 3 cents. 

6. There is a field which is as many rods long as it 
is broad ; and twice the product of its length by its 
breadth is equal to ten times its length. What is the 
length of one side of the field ? 

7. Four times the product of a number multiplied 



r 
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by itself is equal to sixteen times the number. What 
is the number ? 

8. Sarah has three times as many books as Jane 
If Sarah's number of books be multiplied by Jane's 
number, the product will be nine times the difference 
between Sarah's and Jane's. How many has each? 

9. One number is twice as large as another ; and 
the product of the two numbers is fourteen times their 
difference ? What are the numbers 1 

10. There is a square field, and it» length multi- 
plied by its breadth, or the number of square rods in 
the field, is equal to the number of rods round it. 
How many rods long is one side of the field 1 

11. One number is three times another; and the 
product of the two is equal to three times their sum. 
What are the numbers ? 

12. John has four times as many apples as William ; 
and if John's number of apples be multiplied by twice 
William's number, the product will be eight times 
what they both had. IIow many had each 1 

13. One number is twice another; and if three 
times the smaller be multiplied by twice the larger, 
the product will be twenty-four times their difference. 
What are the numbers ? 

14. If 2 be multiplied by x, what will be the 
product ? 

15. If 2 z be divided by x, what will be the quo- 
tient ? 

16. If 2 X be divided by 2, what will be the quo- 
kient 7 

17. If 62 be divided by 3 a:, what will be the 
luotient ? 
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18. If 4x^ be divided by x, what will be the 
quotient 7 

19. If the equation a; = 4 be multiplied by x, what 
equation will express the product ? 

20. If 4a;2 be divided by 4x, what will be the 
quotient 1 

21. If x8 = 4z, what will x equal ? 

22. If the equation z = 4 be multiplied by 2x, 
what will express the product! 

23. If the equation x^=:Ax be divided by x, what 
equation will express the quotient ? 

24. If the equation 2x^=z8x be divided by 2x, 
what equation will express the quotient ? 

25. If 5 x^ = 15 x be divided by 5 x, what equation 
will express the quotient ? 

26. In the equation 4 x^ = 12 x, what number does 
X represent ? 

27. Reduce the equation 6 x^ = 18 x, and find the 
value of X. 

28. A father is five times as old as his son, and the 
product of their ages is five times the sum of their 
ages. What are their ages? 

29. One number is four times another, and twelve 
times their sum is equal to three times their product. 
What are the numbers ? 

30. A field is three times as many rods long as it 
is wide, and the product of the length by twice the 
width is eighteen times the difference between the 
length and width. How many rods long is each side 1 

31. One number is five times another, and their 
product is equal to ten times their difference. What 
Bit ihh rumbbrs ? 
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32. A farmer has twice as many oxen as horses ,* 
and if the number of oxen be multiplied by the num- 
ber of horses, the product will be twice the sum of 
the oxou and horses together. How many of each 
has he? 



SECTION XXXII. 

1. A BOY, being asked his age, replied, *' If my age 
were multiplied by one half of my age, the product 
would be six times my age." How old was he ? 

Let X = his age ; 

then — = one half of his age, 

and xX — = — will be his age multiplied by half 

of his age. 

By the conditions of the question, 

^ = 6.. 

2 

Multiplying each member by 2, 

Dividing each member by x, 

x=l2; 

therefore the boy's age was twelve years. 

2. What number, multiplied by one third of itself, 
will give a product equal to twice the number ? 

3. If — be multiplied by 2, what will be the 

product ? 

4. If a;^ be divided by 2, what will be the quotient! 



t 
t 
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6. What expression will represent one half of x^l 

6. If x^ be divided by 3, what will express the 
quotient ? 

7. What expression will represent one fourth of x^ 1 

8. What expression will represent three fourths 
of a;2? 

9. If 2 x^ be divided by 3, what expression will 
represent the quotient ? 

10. If 3 x^ be divided by 4, what will express the 
quotient ? 

11. If 3x2 be divided by 2» what w^ll express the 
quotient ? • 

12. If the equation x^=.4k be divided by 2, what 
equation will represent the quotient ? 

13. If the equation a;^ = 6 jc be divided by 3, what 
will represent the quotient ? 

14. V If the equation 2 x^ = 12 x be divided by 3, 
what will express the quotient ? 

15. What is one third of the equation 2 x^ z= 12 x ? 

16. What is two thirds of the equation x^ =i 6 x ? 

17. If the equation — =:3x be multiplied by 3, 
what equation will represent the product? 

18 If the equation — = 6 x be divided by 2, what 
equation will express the quotient ? 

19. In the equation — = 3 x, what is the value 

rfx? 

20. If one fourth of George's money be multiplied 
by the whole of his money, the product will be four 
times his money. How many dollars has he ? 

21. One number is one fifth of another, and their 
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product is equal to twice the greater. What are the 
numbers ? 

22. A man, being asked how many children he had,, 
replied, that if the number of his children were mul- 
tiplied by itself, three fifths of the product would be 
six times the number of his children. How many 
had he? 

23. If the square of a number be added to one 
fourth of the square, the sum will be ten times the 
number. What is the number? 

24. Caroline has one third as many books as 
Eliza, and the difference between the square of 
Eliza's number and the square of Caroline's number 
is twelve times the number that Eliza has more than 
Caroline. How many has each ? 

25. One number is one half of another, and the 
sum of their squares is ten times the sum of the num- 
bers. What are the numbers ? 

26. A farmer bought a cow for one half of what 
he gave for a horse. If the square of the cost of the 
cow be subtracted from the square of the cost of the 
horse, the difference will be twenty-five times the cost 
of both. What did he pay for each ? 

27. One number is one fiflh of another, and the 
square of the smaller is equal to the difference 
between the two numbers. What are the num- 
bers? 

28. A received twice as many dollars as B, If 
A's money be multiplied by two thirds of B*8, the 
product will be four times the sum of what they both 
received. How much money did each receive ? 

29 One number is two thirds of another, and 
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their product is three times the less. What are the 
numbers ? 

30. A bridle cost one fourth as many doHars as a 
saddle ; and if the price of the bridle be multiplied 
by the price of the saddle, the product will be the 
price of four saddles. What was the cost of each ? 

31. What is the square of 2 x ? 

32. What is the square of — ? 

33. What is the square of — ? 

34. What is the square of — ? 

6 

35. If X® be added to — , what will express the sum 
in one term? 

36. Reduce the expression x^ + — to one term. 

37. If — be taken from x^, what will express the 
remainder ? 

38. If?; 

remainder ? 

39. If - 

4 

Jie remainder? 

40. If — be 

5 

he remainder? 

41. If the equation -— = x be multiplied by 3, what 
equation will represent the product? 

3 cfl 

• 42. If the equation — = 6 x be multiplied by 4, 



38. If — be taken from x^, what will express the 



39. If — be taken from , what will represent 



2 afi 

40. If — be subtracted from x', what will express 

5 



158 INTELLECTUAL ALGEBRA* [§ 33. 

and that product divided by 3 a;, what equation will 
express the result? 

43. What must be done to the equation — =r 2 2 

to find the value of x 1 What number does x repre- 
sent '' 

44. Reduce the equation — = 4 z. What will be 
the value of x ? 



SECTION xxxni. 

1. A BOY, being asked his age, said, if his age 
were multiplied by itself, the product would be forty- 
nine. What was his age ? 

Let X =L the boy's age ; 
then xXx = x^ will be his age multiplied by itself. ' 
But his age multiplied by itself is 49 ; 
therefore, by the conditions of the question, 
22 = 49. 
Extracting the square root of each member, that is, 
finding a quantity which, multiplied by itself, will 
produce each member, gives 

aj 1= 7, the boy's age. 

It is evident that x is the second root of x^, because 

xXx=zx^; 

and 7 is the second root of 49, because 

7X7 = 49. 

2. The second power or square of a number is 
nine. What is the number? 
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3. If x^ be divided by x, what will be the qcatient? 

4. If forty-nine be divided by seven, what will be 
the quotient ? 

5. If the square root of the equation a;2z=:49 be 
extracted, what equation will express the result ? 

6. If each member of the equation x = 7 be 
multiplied by itself, what equation will express the 
product ? 

7. If the equation 2 x^ z= 18 be divided by 2, what 
will express the quotient ? and what will be the value 
of xl 

8. John has twice as much money as George, and 
the product of George's money multiplied by John's 
is fifty cents. How many cents has each ? 

9. Three times the product of a number by itself 
is forty-eight. What is the number ? 

10. A man received as many shillings a day as he 
worked days. How many days did he work to obtain 
six dollars ? 

11. Four times the square or second power of a 
number is one hundred. What is the number? 

12. There is a square field containing one hundred 
and twenty-one square rods. How long is one side 
of the field ? 

13. One half of the product of a number multi- 
plied by itself is eight. What is the number ? 

14. If each member of the equation — 1=8 be 

multiplied by 2, what equation will express the 
product ? 

15. If each member of the equation — = 24 be 

3 
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multiplied by 3, what equation will express the 
product ? 

16. If each member of the equation 2 x^ ==. 72 be 
divided by 2, what will express the quotient ? 

17. In the equation — = 24, what number is 
represented by x? 

18. In the equation — = 60, what is the value 
of x1 

19. Sarah's age is one half of Matilda's, and the 
product of their ages is thirty-two. What is the age 
of each ? 

20. If one half of a number be multiplied by one 
nird of the same number, the p^-oduct will be twenty- 
four. What is the number ? 

21. A field containing ninety-six square rods is 
two thirds as wide as it is long. What is its length, 
and what its width ? 

22. If one half of a number be added to itself, 
and the sum multiplied by itself, the product will be 
ninety-six. What is the number ? 

23. If — = 40 be multiplied by 2, what equation 

will express the product ? 

24. If 5x2 = 80 be divided by 5, what will be the 
quotient ? 

25. In the equation — = 40, what h the value 
of X? 

26. A farmer said, if one half of nis sheep were 
multiplied by one fourth of them, the product would 
be fifty. How many had he ? 
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27. If six be added to the square of a number, the 
sum will be fifty-five. What is the number ? 

28. If 3 be subtracted from each member of the 
equation x^-\-3=z 19, what equation will express the 
remainder ? and what will be the value of xl 

29. If 7 be added to each member of the equation 
2x2 — 7 = 43, what will express the sum? and what 
will be the value of x ? 

30. A boy said, if two cents were added to twice 
the square of his money, he would have one dollar 
How many cents had he? 

31. The product of two numbers is sixteen, and 
the less is contained four times in the greater. What 
are the numbers ? 

32. A boy paid eighty-one cents for melons, giving 
for each melon a number of cents equal to the num- 
ber of melons that he bought. How many did he 
buy? 

33. If the equation — = — be multiplied by 6, 

6 3 

what equation will represent the product ? and what 
will be the value of x? 

34. Since the square root of four is two, and the 
square root of nine is three, what will be the square 
root of four ninths ? 

35. What is the square root of sixteen twenty- 
fifths? 

36. What is the value of x in the equation x^ = f | ? 

37. What is the value of x in the equation 2x« 

38. What is the value of x in the equation — 

11 
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SECTION XXXIV. 

1. If X times x is x^, and x times 3 is 3 x^ what 
2xpression will represent x times z -|- ^ ^ * 

2 If the expression x-^-^the multiplied by x, what 
will represent the product ? 

3 If the expression x-\'^he multiplied by x, what 
will be the product ? 

4. If the expression x -f- 3 be multiplied by 3, what 
will express the product ? 

5. When the expression x -f- 3 is multiplied by x, 
the product is x^ -|- 3 x ; and when x + 3 is multiplied 
by 3, the product is 3x + 9. What will represent 
the sum of their products? 

6. If X -f- 3 be multiplied by x -f- 3, what will ex- 
press the product ? that is, what will be the second 
power of X -|- 3 ? 

First, multiplying x -f- 3 by x ; 

X times x, or x X aJ = ^^> 
and X times 3, or x X 3 :^ 3 x ; 



then their sum is x^ + ^ ^• 
Next, multiplying x -f- 3 by 3 ; 

3 times x, or 3 X a; = 3 x, 
and 3 times 3, or 3 X 3= 9j 



then their sum is 3 x + 9- 
Thus, 3x + 9, added to x2 + 3x, is 

a;2^3a; + 3x + 9. 
Uniting terms, gives x^ -(- 6 x -f- 9, 



which is the square or second power of x -f- 3. 

* A bar ■ ■ or parenUiesis ( ) embraces terms to be 
taken together, or mkif^ct to the same operation 
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Or multiplying x -|- 3 
byx + 3, 



x^-^-fix, X times a; + 3. 



3x + 9, 3 times x + 3. 



Sum of products, a;^ -|- 6 z + ^> ^^ square of z + ^• 
It is evident, from inspecting the above, that the 
square of a;4" ^ is x^, twice a: X 3, and the square 
of three ; that is, the square of the first term, and 
twice the first term multiplied hy the last, and the 
square of the last term, 

7. What is the scjuare root of the expression x^ -\- 
6x + 9? 

Extracting the square root of x^, the first term of the 

square, gives x for the first term of the root. 
Since 6 x is twice the first term of the root multiplied 
by the last, that is, twice x multiplied by the last 
term of the root, if 6 x be divided by twice x, the 
quotient, 3, will be the last term of the root. 
Therefore, x + 3 must be the square root of the ex- 
pression x2 -f- 6 X -|- 9. See 6th. 

8. In the expression x^ -|- 6 x, what term is wanting 
to make the expression a perfect square ? 

Extracting the square root of x\ the first term of the 
expression, gives x for the first term of the root. 

Since 6 x is twice the product of the two terms of the 
root, if 6 X be divided by 2 x, that is, by twice the 
first term of the root, the quotient, 3, will be the 
last term of the root. 

As 3 is the other term of the root, 9, its square, must 
be added to the expression x^-i-6x, to ccHnplete 
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the square, tluit is, to make the expression a perfect 
square. 
Then the expression x^ -f" ^ ^ 4" ^> is a perfect square 

9. What must be added to an expression, con- 
sisting of two terms, only one of which is a second 
power, to complete the square ? 

Extract the square root of the term containing the 
second power, and divide the other term by twice 
the square root tlius found ; the quotient will be the 
square root of the term that must be added to the 
expression to make it a perfect square. This is 
deduced from the preceding. 

10. To find the square root of a perfect second 
power, consisting of three terms. 

Extract the square root of the first term, which is a 
perfect square, for the first term of the root. 

Since the term, which is not a perfect square, is twice 
the first term of the root multiplied by the last tenn 
of the root, divide this term of the square by twice 
the term of the root already found, and the quotient 
will be the other term of the root. This is evident 
from inspection of the 6th and 7th, and explains 
the rule for extraction in arithmetic. 

11. What is the second power of a;-|-4 ? 

By the 6th, the square of the first term is x X Jc = a;*. 

Twice the product of both terms is 2XaJX4 = 8a5. 

The square of the last term is 4 X 4 = 16. 

Adding these three results, gives x^ -\- 8 x -]- 16, 

12. What must be added to the expression x^-j 
8 X, to make it a perfect square ? 



r, 
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It is evident that the square of the second term of the 
root must be added. 

To find the second term of the root, divide 8 x by 
twice the first term of the root, that is, by 2x, 
which is twice the root of z^, and the quotient, 4, 
will be the second term of the root ; therefore, 16, 
the square of 4, must be added to x^-f" ^ ^ ^ com« 
plete the square. 

13. What is the second power of x-^-BV 

14. What is the second or square root of x^ + 10 x 
f-25? 

15. What must be added to the expression x^ + 
10 X, to make it a perfect second power ? 

16. What is the second power of x -j- 6 ? 

17. What is the second root of x^ + 12 x + 36 ? 
18 What must be added to the expression x^-j- 

12 X, to make it a perfect square ? 

19. What is the second power or square of 5 + 3 ? 
By the Gth, the square of the first term is 5 X 5 = 25. 
Twice the first term by the last is 2 X 5 X 3 = 30 
The square of the last term is 3 X 3 = 9. 
Collecting the products, gives 25 + 30 + ^ 
Jr, multiplying 5 + 3 
by 5 + 3 

25 + 15, or 5 times 5 + 3, 



15 + 9, or 3 times 5 + 3. 



Sum of products, 25 + 30 + 9. 

But 25 + 30+9 = 64,5+3z=8, and 8X8=64. 

Then the second power of 5 + 3 consists )f the 

square of 5 = 25, twice 5 X 3 = 30, 

and the square of 3 = 9 ; 
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or, the square of the first term, twice the product of 
the two terms, and the square of the last term ; as 
in 6th. 

20. What must be added to 2o + 30 = 55, to make 
the sum a perfect square ? 

It is evident from the 8th and 9th, that the square of 

the last term of the root must be added. 
To find the last term of the root, divide twice the 
product of the two terms, which is 30, by twice the 
square root of 25, which is 2 X 5, and the quotient, 
3, will be the last term of the root. 
Then 9, the square of 3, must be added to 25 -|- 30, 
giving 25 -|- 30 + 9 = 64, a perfect square. 

21. What is the square root of 25 + 30 + 9 ? 

Extract the square root of 25, which is 5. Since 30 
is twice the first term of the root, multiplied by the 
last term of the root, if 30 be divided by twice 5, 
or 10, the quotient, 3, will be the last term of the 
root ; therefore, the root is 5 -f- 3. 

Or, since 25 + 30 -|- 9 = 64, the square root of the 
equation is 5 -|- 3 = 8. 

22. What is the second power of 10 + 2 ? 

23. What is the second root of 100 -f- 40 + 4 ? 

24. What must be added to 100 + 40, to make the 
tum a perfect square ? 

25. What is the square root of 100 + 100 + 25 ? 

26. What is the second power of 2 x -f- 3 ? 

27. What is the square root of 4 *2 -j. 12 z -j- 9 ? 
The square root of 4 x^ is 2 x ; and the quotient of 
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12 a; divided by twice 2x is 3; therefore, the 
square root is 2 a; -(- 3. 

28. What must be added to the expression 4 a:^ -|- 
12 X, to make the expression a perfect square ? 

12 a; divided by twice 2 a;, or twice the first term of 
the root, is 3, the second term of the root ; there- 
fore 9, the square of 3, must be added. 

29. What is the square of 3 z -f 4 ? 

30. What is the square root of 9 x^ -|- 24 a; -f- 16 ? 

31. What must be added to 9 x^ -|- 24 x, to make 
the expression a perfect square? 

32. What must be added to x^ + x, to make the 
expression a perfect square? 

It is evident that the square must be so completed 
that X shall be twice the product of the two terms 
of the root ; then, if x be divided by twice the firs 
term of the root, the quotient will be the seconi 
term. 

But X divided by 2x, thus — , is equal to one half; 

therefore ^ is the second term of the root, and j 
X J- = ^ is the square of the second term ; there- 
fore i must be added to the expression, 

and x2 -|- X + ^ is a perfect second power, 

33. What is the product of x -|- ^ multiplied 1 y 

«+*t 

Multiplying x -}• i by x, gives x^ -| . 



Multiplying x + ^ by ^ gives — + i- 
The products added are x^ -f- ^ + J^- 
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Multiplying x + i 
by x + i 

is x^-\ , or a; times x + -J, 



and j + hoTioT x + i. 

Sum of products is x^ -^ 1- j.^ the square of x -j- i 

34. What will express the square of x + i '^ 

35. What must be added to x? -|- T~> ^^ complete 
the square ? 

36. What is the square root of x^ -| h ~ ^ 

37. What is the square root of x^ -f- x -|- i ? 

38. What is the second power of x -f- ^ ? 

39. What must be added to x^ + — , to make the 
expression a complete square ? 

40. What is the square root of x^ + ~ + — ? 

4 X 

41. What must be added to x*-| , to complete 

the square? 



42. What is the seeona power of x -f- f ? 

43. What is the second root of x^ + — + i- ? 

'3*9 

3 X S 

44. What is the square root of x^ -(- — - -j ? 



45. What is the second power of x + 1 J, or x -f- § t 

46. What must be added to x^ -| , to complete 

the square? 

47. What must be added to z^'\-3z,to comp*ete 
thh ik|uar&? 



> l-.Jfc^i . . -.rj^-^sr. • ^.f-N-^^iJ-att LMffcwAfc- ... .V^ ^a. J^^V. 
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48. What is the second power of jc -f- -^ 7 

49 What is the second root of x^A 1 ? 

' 5 ' 25 



SECTION XXXV. 

1. A LADY says, "If twice roy son's age and^ona 
year more, are added to the square of my son's age, 
the sum will be eighty-one years." How old is her 
son? 

Let X = the son's age. 
By the conditions of the question, a;^ -|- 2 z -f- 1 = 81 

Extracting square root, z -f- 1 z= 9. 

The square root of the first member is z -f- 1, because 

I -{■ 1 multiplied by x 4- 1 , is equal to x^ -j- 2 x -j- 1. 

The square root of 2d member is nine, because 

9X9 = 81. 

Taking 1 from each member x = 8. 

The son's age is 8 years. 

2. If four times a number be added to its square, 
and four more added to the sum, the whole will be 
sixty-four. What is the number ? 

Let X = the number. 

By the conditions of the question, x^ -|- 4 x -|- 4 = 64. 

The square root of each member must be found. 

The square root of 64 is 8, because 8 X 8 = 64. 

Now, tlie square root of tlie first term, in the expression 

x^ -f- 4 X -j- 4, is X, because x X x = x-. 
The remaining terms of the expression, that is« 4 z 
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+ 4, consist of twice the first term of the root, that 
is, 2 a:, multiplied by the last term of the root, also 
the square of the last term of the root, 
•.f 4 7, or twice the first term of the root multiplied 
by the last term of the root, be divided by 2 a:, or 
twice the first term of the root, the quotient will be 

2. or the other term of the root ; because 2 a: -f- 2 
multiplied by the last term, 2, gives 4 x -j- 4, the 
remaining part of the expression z^ -}- 4 a; -|- 4 ; 

and^c -j" 2> ^^ ^^^ square root of the expression, mul- 
tiplied by a; -|- 2, equals x^ -|- 4 x -f- 4. 
Since x -j- 2 is the second root of the first member, it 
must equal 8, the second root of the other member ; 
therefore, x -f- 2 = 8. 
Taking 2 from each member, x = 6, Ans. 

3. If six times a man's money, and nine dollars 
more, be added to the. second power of his money, the 
sum will be one hundred dollars. How much money 
has he ? 

4. If the square of a number be added to eight 
times the number, the sum will be twenty. What is 
the number ? 

Let X == the number. 
By the condition^ of the question, x^ -j- 8 x = 20. 

[n this equation, as neither member is a perfect 
square, the square of the last term of the root must 
be found and added to each member; then each 
will be a perfect second power. 

If 8 X, or twice the product of both terms of the root, 
be divided by 2 x, or twice the first term, the quo- 
tient will be 4, or the last term of the root ; 

therefore 16, the square of 4, must be added to eacli 
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member of the equation, to complete the square of 
each. 
Adding 16 to each, a;2 4. 8 z + 16 = 20 + 1 6 = 36. 
Extracting the square root, x -f- 4 = 6. 
Taking 4 from each member, x = 2, Ans. 

5. A man travelled as many hours as he travelled 
miles in one hour. If the whole distance that he 
travelled be added to four times the distance that he 
went in one hour, the sum will be seventy-seven miles. 
How many miles did he travel in an hour ? and what 
was the whole distance 1 

6. Complete the square in the equation x2-}-16x 
= 57. What will be the value of x ? 

7. What must be added to each member of the 
equation x2-{-14x=:15, to make each a perfect 
square ? What will be the value of x ? 

8. If the equation 4 x^ -j- 16 x = 84 be divided by 
4, what will express the result ? What must be added 
to each member of the quotient to complete the 
square? and what is the value of x? 

9. What must be added to each member of the 
equation 4 x^ -f- 4 x = 80, to complete the square ? 
and what is the value of x ? 

The root of 4 x^ is 2 x, and twice 2 x is contained in 
4 X once ,* therefore, the last term of the root is 1, 
and its square, or 1, must be added to each mem- 
ber, making 4x2-|-4x-f-l = 81. 

10. What must be added to each member of the 
equation 9 x^ -}- 12 x = 21, to complete the square ? 
and what is the value of x? 

11 What must be added to the equation 16x2-f- 
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24 x= 112^ to make each member a perfect secona 
power ? and what is the value of x ? 

12. A boy has a number of pencils in each hand, 
and four more in the right hand than he has in the 
left. If the number in his right hand be multiplied 
by the number in his lefl hand, the product will be 
forty-five. How many has he ? 

13. One number is four more than another, and if 
four times the smaller be multiplied by the larger, 
the product will be forty-eight. What are the num- 
bers? 

14. A man, in buying sheep, gave for each one a 
number of dollars equal to the number of sheep that 
he bought. If he had purchased four times as many 
as he did, and eight more, at the same rate, they 
would have cost sixty dollars. How many did he 
buy? and at what price? 

15. If twenty-five times the square of a number be 
added to fifly times the number, the sum will be two 
hundred. What is the number ? 

16. A man spent part of his money, lost four dol- 
lars more than he spent, and then found his purse 
empty. If what he lost be multiplied by what he 
spent, the product will be ninety-six. IIow much did 
he spend ? and how many dollars had he at first ? 

17. If to the square of a number one half of the 
number be added, the sum will be five. What is the 
number ? 

Let X —1 the numb^t. 

By conditions of the question, x^-\ z= 5. 

— divided by JJ x, gives J, the 2d term of the root 



.. ■-. ■- * V-Ts ■" J-^.. 
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Adding ^, the square of i, x^ + 1- + ^V = ^ + tV» 
or U. 
Extracting square root, x -}- ^ =: f 
Reduced, x z=z 2, Ans. 

18. What must be added to each member of the 

equation x^-\ = 11, to make it a perfect square? 

3 

and what will be the value of x ? 

19. What must be added to each member of the 

4 X 
equation x^ -| = 5 J, or ^-, to make it a perfect 

5 

second power 1 and what is the value of x ? 
Completing square, x^ + Y + ih = ^ + Th = W- 
Square root extracted, x -j- f = -^i^- Reduced, x = 2. 
Ans, 2^^ must be added, and the number is 2. 

20. What must be added to each member of the 

equation x^ -| = f, to complete the square, and 

find the value of x ? 

21. In the equation x^-f- -|- = ^, what is the value 
of X? 

22. 

the value of x ? • 

The square root of — is — ; and twice that root, or 

— , is contained in — , the middle term, one hjlf of 

a time ; therefore, ^ is the other term of the root, 
and I, or its square, must be added to each mem 

*>ei-, making -^ + |- + | = CvJ^ = ^ 



22. What must be added to [- — zn 6, to find 

9*3 ' 
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Square root extracted, — -j- i- = S* 

Reduced, 2 = 6, Ans. 

23. A man, being asked how much money he had, 
said, if half of his monej were multiplied by half of 
his money, and the product added to half of his 
money, the sum would be thirty dollars. How much 
had he ? 

24. One number is three more than another, and 
if one fourth of the greater be multiplied by the less^ 
the product will be one. What arc the numbers ? 

25. The length of a room is four feet more than 
its breadth. If one half the length be multiplied by 
half the breadth, the product will be forty-eight feet. 
What is the size of the room ? ' 

26. If one fourth of a number be added to the 
square of a number, the sum will be three eighths. 
What is the number? 

27. A, being asked what part of a ship he owned, 
replied, if one half of the ship were added to one half 
of his share, and the sum were multiplied by one half 
of his share, the product would be three sixteenths of 
the ship. What part did he own ? 



SECTION XXXVl. 



1. What is the product of z — 1 multiplied by z ? 

2. What is the product of x — 1 multiplied by 1 ? 

3. If z2 — X be added to x — 1, what will be the 
rum? 



. J ^ ^ «/;a. • 
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4. If z — 1 be multiplied by x-\~l, what expres 
sion will represent their product? 

5. If x-|- 1 he multiplied by x — 1, will the prod- 
uct be the same as in the preceding question ? 

z times » + ^ ^^ x^-^-x; but this is once x + 1 too 
many ; therefore, z -f- 1 must be taken from x^-^-x; 
then z^-j-x — x — l = z^ — 1, the same as above. 

6. Multiply x + 2 by x — 2. What will be the 
product ? 

The product will be x times x -f- 2, less 2 times x -^^ ?. 
X times x + 2 is x^ -f- 2 x ; 
less 2 times x + 2 is — 2x — 4. 
Sum of products is . . . x^ — 4. 
Or, multiplying x+2 
by X — 2, 
gives x2 + 2x, 
and — 2 X — 4. 

Sum of products is x^ — 4, as above. 
Hence, if only one of two factors has the sign — 
before it, the product must have the same. 

7. What is the product of x"+3'x x — 3 1 

8. What is the product of x + 4 Xx — 4 ? 

9. What is the product of (x + 4) X (x — 5) ? 



The product will be x times x+4, less 5 times x + 4. 
X times x + 4 is x^ + 4 x ; 
— 5 times x + 4 is — 5 x — 20. 
Sum of products is x^ — x — 20. 

10. What is the product of (x + 5) X (a? — 7) ? 

11. What is the product of (x + 5) X (x — 4) ? 
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12. What is the product ofa; + 6Xx — 6t 

13. What is the product of x — 6 X x + 5 ? 

14. What is the product o£ x + 6Xx — 51 

15. What is the product of x + 7 X x — 71 

16. What is the product of {x -^ 7) X {x — 2) 1 

17. What is the product of x + 2 X x — 7 1 

18. What is the product of x + S X x — & 1 

19. What is the product of (2; — 10) X (x + 10) ? 

20. If X — 2 be taken from x -|- 2, what will ex- 
ess the difference ? Vide Sect. XIX. 



21. If a; -(- 2 X a: + 2, what will be the product ? 

22. If x + 2 X z — 2, what will be the product ? 

23. If this last product {x^ — 4) be taken from the 
pi ^ceding product (z^ -|- 4 2; -jr- 4), what will express 
the difference? 



4 X -{■ ®> *^^ difference in the last, is 4 times x + 2, 
Cie multiplicand. Then the difference between the 
multipliers is 4, as found in question 20. 



24. What is the product of x — IXxl 

25. If (x — 1) be taken from (x^ — x), what ex- 
pression will represent the remainder? 

It is evident, if the whole of x be taken from x^ — x, 
that x^ — 2 X, the remainder, would be too small by 
one ; because not the whole of x is to be taken 
away, but x less 1 ; one must then be added to x* 
— 2x, making x^ — 2x-)-l. 

It is also evident that, to subtract a term, the sign 
before it, if plus, must hp fhana:e<i :o iktnua, and if 
mmis, to pim 
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26. What will express the product of x — 1 X 



c times z-^l will be once x — 1 too many ; therefore, 
X — 1 must be taken from x times x — 1 ; x — 1 
X a; is x^ — x\ less once x — 1 is x taken away 
and 1 added; expressed thus, x^ — x — 2-|-l = 

Thus we see that x — 1 X — 1, becomes — x -|- 1. 
Or, multiplying x — 1 
by X — 1, 
gives 2^ — Xy 
and — x-\-\. 



Sum of products is x- — 2 a; + !• 
Thus it is apparent, that a plus term muhiplied by a 
plus term gives a plus term for the product, ana a 
minus term multiplied by a minus term gives a 
plus term. A minus term by a plus term, or a plus 
term by a minus term, gives a minus term for the 
product. 

27. What is the second power of x — 1? 



As it is X — 1 X a; — 1, it will be seen, by inspect- 
ing the preceding, that the square or second power 
of a; — 1 or a; — 1 is the square of the first term, 
X, which is x^, added to the square of the last term 
— 1, which is -f-1; and twice the 

first term, x, multiplied by the last term — 1, which 
IS — 2 X ; connecting terms x^ — 2 x -}- 1. 

28. What is the second power of x — 2, or (x — 2)^ ? 
Tlie square of x is z^ ; twice x X — 2 is — 4 x ; aoa 
12 
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the square of — 2 is — 2X — 2 = 4. Sum of 
products is 2* — 4x-|-4. 

29. Vv'hat is the second power of x — 3, or z — 3 t 

30. What is the second or square root of a^ — 2 x 
+ 1, or \/ x^ — 2 X + 1 is equal to what ? 

This may be found by extracting the root of the first 
term, and dividing the middle term by twice that 
root, because the middle term is twice the product 
of the two terms. 

The square root of '3^v&x\ twice this root, or 2 x, is 
rontained in — 2x, which is twice the first term X 
by the last, — 1 time, because 2 x multiplied by 
— 1 is — 2 X ; therefore, the root is x — 1. 

31. What must be added to the expression x^ — 
2 X, to make tlie expression a perfect square ? 

32. What must be added to x^ — 4 x, to make the 
expression a perfect square? 

33. What is the square root of x^ — 4 x + 4 ? 

34. What must be added to x^ — 6 x, to make the 
expression a perfect square? 

35. What is the square root of x^ — 6 x -}- 9 ? 
30. What is the second ,ppwer of x — 4 ? 

37. What must be added to x^' — 8x, to make the 
expression a perfect square? 

38. What is the second root of x^ — 8 x + 16 ? 

39. What is the second power of x — 5 ? 

40. What must be added to x^ — 10 x, to complete 
the square ? 

41. What is the second root of x» — 10 x + 25 ? 

42. What is the second power of x — J ? 

The bquare of the first term, x, is x^ ; twice the firr 



r 



/ 
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term, z, X by the last, — i, is — x, and the square 
of the last term — i'^^+i- ^ns, z^ — z -|- ^. 
Or, multiplying x — ^ 
by ^—h 

givesa;» — |, 

and — 2+i. 

Sum of products is a;' — ^ + i? as ab')vr. 

43. What must be added to x^ — z, to mak'* the 
expression a perfect square ? 

44. What is the second root of z^ — x + i ? 

45. What is the second power of z — ^ ? 

2 X 

46. What must be added to x^ , to make the 

3 ' 

expression a perfect square ? 

47. What is the square root of z2_ — + ^ ? 

48. What is the second power of z — § ? 

4 X 

49. What must be added to z^ , to complete 

3 ' ' 

the second power? • 

50. What is the second root of z2 — if -[- ^ 7 

51. What is the second power of z — ^ ? 

52. To what is \/^x^ _ if: -f ^ equal ? 

53. To what is {x — ^)^ equal ? 

64. To what is y^z9_-i -f- ^-J^ eqiiai 1 

6 
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SECTION xxxvn. 



§37.1 



1. John and James had equal sums of money 
John lost two cents, and then the product of James's 
mono.y multiplied by John's lacked but one cent of 
bein^ a dollar. How much money had each ? 

I. et X = the number of cents each had at first ; 
then X — 2 = the number John had lefl. 

X-- 2Xx = ic^ — 2x, the product of what each had 

lefl. 

By the conditions of the question, x^ — 2 x -f- 1 = 100 

Extracting the second root of each member, 

X— 1 = 10. 

Adding 1, x= 11 cents, each had. 

2. One number is four less than another, and theii 
product is forty-five. What are the numbers ? 

Let X = the greater ; 
then X — 4 = the less. 
% — 4 X aJ = 2c^ — 4 X, the product of the two. 
By the conditions of the question, x^ — 4x = 45 
The square of each member must be complet<;d, so 
that the second root of each member can be found. 
Twice the product of the two terms of the roo*, that 
is, — 4 X, must be divided by twice the square root 
of x^, which is 2 x, and this will give — 2 as the 
second term of the root ; therefore, the square of 
— 2, which is -f- 4, must be connected with pach 
member. 

Adding4, x2 — 4x + 4 = 49. 

Extracting second root, x — 2 = 7. 

X = 9, the greater, and x — 4 zz: 5, the les» 
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3. What must be added to each member of the 
equation x^ — 6 z = 7, to make each a perfect second 
power ? 

4. What is the second root of each member of the 
equation z^ — 6z-f-9 = 16? and what is the value 
of z? 

5. What must be added to each member of the 
equation z^ — z = 12, to make each a perfect square ? 
What will the equation become? and what will be 
the value of z ? 

6. What must be added to the equation 4 z* — 8 z 
= 60, that the square root of each member may be 
obtained ? and what is the value of z? 

7. In the equation z^ zz: 3, what is the value 

of z? 

8. 
of z ? 

9. If each member of the eauation 2x^ --=: 

3 

1^ be divided by 2, what equation will rep/csent the 
quotient ? 

10. If each member of the equation 3 z^ — 18 z = 
21 be divided by 3, what will express the result ? and 
what will be the value of z ? 

11. What must be added to = 3, to make 

each member a perfect square 1 and what will be the 
value of z ? 

12. Ann had as many books as Jane; but Ann 
gave three of her books to Jane, and then Jane's 
number of books multiplied by Ann's number, less 

6 



X 2 
8. la the equation z^ zn— , what is the value 

3 <ij 
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iwice the sum of their books, was twenty-three 
What number had each at first? 

Let X = the number each had ; then x — 3 =: what 
Ann had left ; and x -j- 3 = what Jane then had. 

X — 3Xa;4-3 = 2^ — 9, the product of the two ; 
but this product, less twice the sum of the books^ 
that is, less 4 x, is equal to twenty-three books. 
By conditions of the question, x^ — 9 — 4 z = 23. 

Adding 9 to each member, x^ — 4 x = 32. 

Completing the square, x^ — 4 x -j- 4 = 36. 
Extracting the second root, x — 2 = 6. x = 8, Ans, 

13. If twice the square of some number be di- 
minished by eight times the number, the remainder 
will be ten. What is the number 1 

14. A farmer sold six cows, and said, if the num« 
ber he now had were multiplied by the number he 
had at first, he would have five more than one half o^ 
a hundred. How many cows had he at first ? 

15. If one half of a number be squared, and one 
half of the same number be subtracted from the 
square, the remainder will be two. What is the 
number ? 

16. Two men received the same wages for a 
week's work. But one spent two dollars, and then 
the square of the sum of what they both had left was 
one hundred and ninety-six dollars. What did e£^ch 
receive 1 

17. If from some number four be subtracted, and 
then one half of the remainder be multiplied by itself, 
the product will be only one. What is the numl)er ? 

18. There is a fraction whose denominator is two 
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and if from the square of this fraction one fourth of 
the fraction be subtracted, the remaitJer will be one 
eighth. What is the numerator? and w/irt the frac- 
tion ? 

Let X •=. numerator, — = the fraction. 

% 

19. One number is twice another. If six be sub- 
tracted from the greater, and then one sixth of the 
remainder be multiplied by itself, the product will be 
four. What are the numbers ? 

20. A man, being asked his age, said, that his age 
\?as one fourth of the square of his son's age, and 
that the difference of their ages was twenty-four years. 
What was the age of each ? 

21. A man changed a bank note, and spent one 
half of a dollar ; he then found that the square of the 
money he had left was a quarter of a dollar more than 
twenty dollars. What was the value of the note ? 

22. The number of square feet in a square room 
is ninety-six more than the number of feet in the sum 
of its sides. What is the length of one side of the 
room? 

23. If 5 be subtracted from each member of the 
equation x^ — 8z-|-5=14, what equation will ex- 
press the remainder ? What must now be added to 
each member, to make it a perfect second power ? and 
what is the value of xl 

24. What is the value of x in z^ _ 4 ^ -|- 7 = 103 ? 

25. If 3 be added to each member of the equation 
x2 — 2x — 3 = 45, what will the equation become? 
What will the equation be when each member is 
made a perfect second power ? and what will be the 
value of J *? • ' 
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SECTION XXXVlll. 

1. When the value of 2 is 7, 2 — 4 = 3. If each 
member be multiplied by itself, what will the equa- 
tion be? 



x_4Xa; — 4 = 2:2 — Sz + lC, and 3X3 = 9, and 
the equation is z^ — 82 + 16^:= 9. 

2. When the value of x is 1, what will z — 4 equal ? 
It is evident that, if z represent 7 dollars, z — 4 wiJl 

equal 3 dollars, as above. If x = 4 dollars, then 
z — 4 will equal nothing; and if 2= 1, then z — 4 
must be represented by — 3, or x — 4 = ,7— 3. For, 
if a man has only 1 dollar in his purse, and is 
called upon to pay a debt of 4 dollars, it is evident 
that he can pay but 1 dollar, which is the whole 
debt less 3 dollars ; therefore — 3 will represent the 
difference or deficiency. 

3. When the value of x is 1, x — 4=: — 3. If 
each member be multiplied by itself, what will 4he 
equation be? 



2 — 4 =x2 — 8x-f-16, as above. Since a minus 
quantity multiplied by a minus quantity gives a 
^lus product, — 3X — 3 will be +9, and the 
equation will be x^ — 8 x -|- 16 ::^ 9, as above. 
Thus, if the equation x — 4=3, and x — 4=: — 

3, each be squared, the same equation will be 
produced, namely, x^ — 8x-|-16 = 9. 

4. If the square root of x^ — 8x + 16 = 9 bo 
extracted, what will the equation be? 
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^x2_82; + 16 = x — 4; \/9= — 3, or4-3,since 
either multiplied by itself will produce +^- 
Therefore, x — 4, the square root of the first 
member, will equal either plus 3 or minus 3, the 
root of the secoud member ; and the equation may 
be expressed thus ; x — 4 = zh 3. 

5. If X — - 4 = zfc 3, what is the value of x ? 
Adding 4 to each member, x = 4 dz 3, and the value 

of X is 4 plus or minus 3. If the root is -\- 3, or 
pojitivc, then x =: 4 -|- 3, or 7 ; and x — 4 = 3 will 
be 7 — 4 = 3, as in Example 1st. If the root be 
— 3, or negative, then x=i4 — 3, or 1, as in Ex- 
ample 3d. The value of x is either 7 or 1. This 
may be verified by substituting each of these values 
for X, in the original equation, x^ — 8x4-16 = 9. 
Putting 7 for x, gives 49 — 56 -{- 16 = 9 ; and put- 
ting 1 for X, 1 — 8 -|- 16 =: 9. Here each value of 
X accords with the algebraic expression. 
Remark. — Hence in an equation of the second degree, the 
unknown quantity will have two different values, either of 
which, when substituted, will satisfy the algebraic expres- 
sion ; while only one of them will generally satisfy the con- 
ditions of the question. How to determine whether the root 
be positive or negative, and what is the true value of the 
unknown quantity, may be seen in the solution of the fol- 
lowing problem. 

6. A man paid 9, debt of four dollars, and then 
found that the square of the money left; in his purse 
was nine dollars. How many dollars had he at first ? 

Let X =: his money ; then x — 4 =: what he had left 
after paying the debt; then the square of x — 4 
must equal 9 dollars, x — 4 is x^ — 8x-(-16. 
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By the conditions of the question, 
x9_8x+16 = 9. 
Extracting square root, x — 4 = 3, and x == 4 i 3. 
If the root of 9 be + 3, X = 4 + 3 = 7 ; therefore he 
had 7 dollars ; and, after paying the debt of 4 dol- 
lars, he had 7 — 4 = 3 dollars left, the square of 
which is 9 dollars. This agrees with the conditions 
of the question, and is the true value of x. 
If the root of 9 be — 3, x z= 4 — 3, or 1 ; therefore, 
he had 1 dollar at first, and if he had but 1 dol- 
lar, he could not pay the required debt of 4 dollars, 
and have the required sum left. This last value 
will not satisfy the conditions of the question, and 
cannot be the true value. 

7. A boy bought some oranges. If he had bought 
two less at the same rate, the number of oranges 
would have been equal to the price of one orange, 
and they would have cost him thirty-six cents. How 
many did he buy ? and what did each cost ? 

8. If twice some number be subtracted from its 
square, the remainder will be thirty-five. What is 
the number ? 

9. Boston and Providence are forty miles apart. A 
man starts from Boston, and, after travelling a number 
of miles, finds that, if twice the distance he has trav- 
elled be subtracted from the square of that distance, 
one half of the remainder will be the whole distance 
from Boston to Providence. How far had he trav- 
elled ? 

10. If from four times the square of a fraction, 
one third of the fraction be subtracted, the remainder 
will be \, What is the fraction T Let x = the fraction 
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11. -A and B received the same sum of money for 
a week's wages. A spent two dollars, and B four 
dollars ; then the product of A's money multiplied by 
B's was forty-eight dollars. How much money did 
each receive? 

12. If to the square of one half of some number 
one third of the same number be added, the sum will 
be eleven. What is the number 1 

13. The number of ceiits that A paid for a melon 
was equal to half the number of melons that he 
bought. B bought four more than A, at the same 
price, and they cost him four cents less than a dollar. 
What was the price of a melon? and how many 
melons did each buy ? 

14. If half of some number be added to the square 
of half of the same number, the sum will be 3|. 
What is the. number? 

15. A travelled twice as far as B. If A had trav- 
elled four miles farther, and if that distance were 
multiplied by the number of miles B travelled, the 
product would be one hundred and. twenty-six miles. 
How many miles did each travel ? 

16. If from the square of some number twice the 
number be subtracted, the remainder will be seven 
more than four times the number. What is the 
number ? 

17. What is the value of 2 in the equation Sx^ — 
02_18=12x + 30? 
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SECTION XXXIX. 

1 George and his brother have $10. If George'a 

money be multiplied ^ his brother's, the product wUI 

oe $24. How much money has each 7 

Let X = George's ; then 10 — x = his brother's, and 
10 — a; X aJ = their product. By the conditions 
of the question, 24 = 102; — x^; adding x^, and 
subtracting 24, x^=zlOx — 24 ; subtracting 10 x, 
x2_10xi= — 24. 

Hence it is evident that, if the signs before all the 
terms of each member be changed, the equation 
will still be preserved. For, since x^ is 24 less than 
10 X, if we try to take 10 x from x^, 24 will be 
wanting, as expressed by — 24. 

Completing the square, x^ — 10x-{- 25 = 25 — 24 = 1. 

Extracting square root, x — 5 = it 1 , and x =: 5 ± 1. 

If the root of 1 is plus, or positive, x = 6, or George's, 
and 10 — x = 4, or his brother's. But if the root 
is minus, or negative, x =: 4, or George's, and 10 — 
X zz: 6, or his brother's. Either will answer the condi- 
tions of the question, as it does not specify which 
had the most money. 

2. Divide 12 into two such parts, that the square 
of the less will be equal to twice the greater. If x 
represents the less, What equation will be formed? 
What must be added to each member, that only the 
terms containing the unknown quantity may consti- 
tute one member ? What are the parts ? 

3. The united ages of two boys are 15 years, and 
the square of the age of the younger boy is 5 jears 
more than 1 virice the agp of the elH**" How old is each ? 
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4. Find two numbers whose sum shall be 20, and 
the square of one third of the greater shall be double 
the less. What are the numbers ? 

5 The sum of the distances that Peter and John 
walked is 8 miles, and the product of the distances is 
12 miles. What distance did each walk ? 

6. The sum of two numbers is 7, and if the greater 
be multiplied by the less, the product will be 3 more 
than their sum. What are the numbers ? 

7. A has more money than B, and they both to- 
gether have 814. The square of A's money is $24 
less than 14 times his money. How many dollars 
has each? 

8. What number is that, to the square of which 
if 21 be added, the sum will be 10 times the number ? 

9. A man had $10 ; he spent a part of it, and the 
square of what he spent was 9 times what he had 
left. How many dollars did he spend? 

10. What number is that, to the square of which 
if you add 60, and then divide the sum by 16, the 
quotient will be the number itself? 

11. A and B, together, build 7 rods of wall, and 
each, by agreement, receives as many dollars per rod 
as the number of rods he builds^ A received $2 les<i 
than double what B received. How many rods did 
each .build ? and how many dollars did each receive t 

12. George and Charles, together, bought 10 books, 
and each paid as many cents for one of his books as 
was equal to the number of books he bought. George 
spent 2 cents less than half the money which Charles 
i^ent. How many books did each buy? and how 
much money did each spend? 
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SECTION XL 

1. Thb sum of the ages of John and VVilliam ii 
S years, and the product of their ages is lo^ How 
old is each? 

Let X = John's, y = William's ; then x y = their 

product. 

(1.) By one condition of the question, . . xy=15 

(2.) By another condition, x-(-y = 8 

(3.) Subtracting y from 2d, x = 8 — y 

(4.) Dividing 1st by x, y = ~- 

(5.) Substituting this value of y, in 3d, x = 8 . 

(6.) Multiplying 5th by X, x2=:8x — 15, 

(7.) Subtracting 8 X from 6th, . . . x^ — 8x = — 15 
(8.) Completing the > 2_g^^ jg^jg_j5^ ^^ ^ 
square of 7th, ) 

(9.) Extracting 2d root of 8th x— 4=:±1 

X = 4 ± 1 ; therefore, x = either 5 or 3. 

Putting 5 for x in 4th, y = 3, and 3 for x, y = 5. 

As the question did not specify the elder, either value 

will answer its conditions; therefore,^ John is 3 

years and William 5 ; or John 5, and William 3. 

2. The sum of two numbers is 10, and their prod* 
act is 21. What are the numbers ? 

3. John is 2 years older than William, and the 
product of their ages is 15. How old is each? 

4. The sum of two numbers is 20, and their prod- 
uct is 96. What are the numbers ? 
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5 The sum of two numbers is 6, and tlie sum of 
their squares is 20. What are the numbers ? 

6. The sum of two numbers is 6, and the differ- 
ence of their squares is 12. What are the numbers 1 

7. The sum of two numbers is 6, and their product 
is 8. What are the numbers ? 

8. The difference of two numbers is 1, and the 
difTerehce of their squares is 9. What are the 
numbers? 

9. The greater of two numbers divided by the less, 
is equal to the less, and the difference of their squares 
is 72. What are the numbers ? 

iO. A travelled 5 miles less than B, and the product 
of the distances both travelled is 84 miles. How 
many miles did each travel ? 

11. What is that fraction which will be equal to 
J^, if 2 be added to its numerator, and if the numera- 
tor be taken from the denominator, the difference will 
be 7? 

Let X z= numerator, y = denominator, — = the frac- 
tion. ^ 

12. There are two numbers, such that, if the 
greater be divided by the less, the quotient will be 3, 
and their difference is 4. What are the numbers ? 

13. There are two numbers whose sum is 5, and 
whose product is 6. What are the numbers ? 

14. There are two numbers, such that, if J of the 
greater be added to J of the less, the sum will be the 
less number, and their product is 32. What are the 
numbers ? 

"7 If 1 be added to the denominator of a fraction, 
uje fraction will be ^, and the produc o'' the num^r 



I 
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ator multiplied by the denominator is 6. What is 
the fraction? 

16. George is I year older than Anna, and the 
difference between the squares of their ages is 19. 
How old is each? 

17. The product of two numbers is 1% and theii 
difference is 1. What are the numbers ? 

18. If the greater of two numbers be nmltipUed 
by the less, the product will be 10, and the difference 
between the two numbers is 3. What are the num- 
bers? 

19. A boy bought an orange and 3 lemons for 11 
cents, and the price of a lemon multiplied by the 
price of an orange was 10 cents. What was the price 
of one of each ? 



SECTION XLI. 

1. If X be multiplied by x, the product is x'^, the 
second power or square of x. If x^ be multiplied by 
X, the product will be 7^, that is, the third power or 
cube of x; and the third root or cube root of x^ 
must be x. 

2. What is the product of x X 2 X x ? 

3. What is the product of 3 X 3 X 3 ? or what is 
the cube of 3 ? 

4. What is the third or cube root of 27 ? 

5. What is the cube or third power of 2 ? 

6. What is the cube or third power of 4 ? 

7. What is the cube root of 8 ? 
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8. What is the third root of 64 ? 

9. What is the cube of 2 x ? 

10. What is the cube of 4 x ? 

11. What is the third power of 5 x ? 

12. What is the third root of 64 x^ ? 
13 What is the cube root of 8 x3 ? 
14. What is the cube root of 125 x^ ? 

15 If x2 be divided by x, the quotient will be x. 
U^ be divided by x, what will the quotient be ? 

16. Divide x^ by x^, what will the quotient be ? 

17. Divide 64 x^ by 4 x, what will be the quotient ? 

18. Divide 125 x3 by 25 x^, what will be the quo- 
tient ? 

19. Extract the cube root of 8 x3 ? 

20. Extract the third root of 27 x^ ? 

21. The product of — X — is ~, and — X - 

is — . What is the cube root of — ? 
8 8 

82. What is the product of — X — X — '? 

23. What is the third power o"" -|? 

24. What is the third root of — ? 

8 

8 3:3 • 

25. What is the cube root of — 1 

64 

26. What is the third power of — ? 

27. What is the cube of — ? 

4 

28. What is the cube root of — ? of ~t 

64 64 

13 



194 INTELLECTUAL ALGEBBA* [§ ^K 

29. What is the third power of -? of — ? of — ? 

^ 6 5 6 

30. What is the cube root of —? of ^? 

125 1*5 

31. Divide by — , what will the quotient be? 

125 95 

32. If z = 2, to what will the cube of x be eqaal 1 

33. If X = 3, what will t? equal ? 

34. If x3 = 8, what will x equal ?. 

35. What is the cube root of the equation a^ = 27 ? 

36. If z = 4 be raised to the third powjer, what 
will the equation be ? 

37. What is the cube root of ofS z=.125 ? 

38. In the equation x^ = 64, what will be the value 
of 2? 

39. What is the third power of — = 3 ? 

40. What is the cube of the equation — = 4 ? 

X 3 

41. What is the cube root of the equation — = 27 ? 

42. In the equation — =. 64, what is the value 

of z? 

27 x* 

43. In the equation = 64, what is the value 

ofz? 

44. In the equation 8x^=^64, what is the value 
of z ? 

45. In the equation 27 z^ = 27, what is the value 
of z? 

46. If the equation z^ ^^ 16 x be divided by z, what 
will be the result ? What will be the value of z T 

.47. If z^ be multiplied by z^, the product is z^. 
Wliat will be the product of 2 z^ multiplied by 2 z^ 1 
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48. What is the fourth power of x, or z X » X « 

49. What is the square root of a:^ *» of 16 z* ? 

50. What is the fourth root of z^ ? of 16 a;* ? 

51. What is the fourth power of 82;? of 2 a;? 

-?of:^? 

2 3 ' 

52. What is the fourth root of 81 a;*? of — ? 

16 



SECTION XLII. 

1 A MAN» hieing asked the age of his son, said, 
* If Ale square of his age be multiplied by his age, 
the j^»jortJct will be 81 times his age." What was the 
son's age ? 

Let X = his age ; 

then a; X 2 = aJ^, the square of his age. 

By the conditions of the question, x^ X a; = 81 x, or 

x3=:8lz. 

Dividing by x, x2 = 81. 

Extracting square root, x = 9, Ans, 

2. Kx3 = 81x, what does x^ equal ? What does 
X equal? 

3. The cube of a number is 27. What is the 
number ? 

Let X = the number ; then x^ = 27. 
Extracting the cube root of each member, x = 3. 

4. If X be multiplied twice by x, it will be expressed 
thus; X X X X X = x3. What will express the product 
of ^ X multiplied by itself twice ? 



ji.\£ 
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5. If a boy's money be taken from the cube of his 
money, the remainder will be 15 times his money. 
How many dollars has he? 

6. The cube of a number is 4 times the number. 
What is the number ? 

7. The cube of a number is 16 times the square 
of the same number. What is the number ? 

8. The cube of a number is 64. What is the 
number ? 

9. What must be the side of a cubical box to con- 
tain 125 cubic feet ? 

10. The cube of one half of a number is twice the 
number itself What is the number ? 

11. If the second power of a number be multiplied 
by i of the number, the product will be 16. What 
is the number ? 

12. A's age is the square of B's, and C's is the 
product of A's multiplied by B's, and the sum of 
their ages is 21 times B's age. What is the age of 
each? 

13. If from the third power of a number 4 times 
the second power of the same number be subtracted, 
the remainder will be 4 times the square of the 
number. What is the number ? 

14. If from the cube of a number the square be 
subtracted, the remainder will be 6 times the number. 
What is the number ? 

15. If from the cube of some number 60 be sub- 
tracted, only 4 will remain. What is the number ? 

16. What must be the side of a cubicd box con- 
taining 216 cubic feet ? 

17 A man said, if 10 times his money were taken 
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from the cube of his money, the remainder would be 
9 times the square of his money. How many dollars 
had he ? 

18. The cube of a number, less 25, is 100. What 
is the number ? 

19. A man, being asked the age of his son, said, 
" If 3 times the square of his age be taken from the 
fourth power of his age, the remainder will be 6 times 
the square of his age." How old was his son ? 

20. A's money is the cube of B*s, and if 20 times 
B's be taken from A's, the remainder will equal the 
square of B's. How many dollars has each ? 



SECTION XLIII. 

1 . Since ^ = 2, and | = 2, therefore f = |. Here 
2 has the same relation or ratio to 4, that 3 has to 6. 
This relation may be expressed thus ; 

2:4 = 3:6; 

that is, the ratio of 2" to 4 equals, or is the same as, 

the ratio of 3 to 6. 

2. In the above equation of ratios, 4 is the same 
part of 2 that 6 is of 3, and 2 is the same part of 4 
that 3 is of 6. 

3. From the above proportion, or equality of ratios, 
it is apparent that the. product of the extremes that 
is, 2 X 6, is equal to the product of the means, that 
is, 4 X 3 ; or 2 X 6 = 4 X 3, sinee these products are 
the same. 
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4. To what number has 3^ the same ratio or rela- 
tion that 2 has to 4 ? 

Let X = the number ; then 2 : 4 = 3 : a;. Multiply- 
ing extremes and means, as in 3d, 2 a; = 12, and 
z = 6, Ans, 

5. What number has the same ratio to 6 as 2 to 4 ? 
X = number ; then 2:4 = a;:6; 4XaJ = 2X6, or 

4x=12; TL=i%Ans. 

6. To what number has 2 the same ratio a£s 3 to 6 ? 
Tzznumber; then 2 : % = Z : 6; 3X2 = 2X6, or 

3 X = 12 ; x = 4, Ans, 

7. What number has the same ratio to 4 as 3 to 6 7 
% = number ; then x:4 = 3:6; 6XaJ = 4X3, or 

6x=12; xzz:2, ^«5. 

8. Thus, if any three terms in an equality of ratios 
be known, the other may be found ; that is, dividing 
the product of the means by one extreme, gives the 
other extreme, and dividing the product of the ex- 
tremes by either one of the moans, gives the other. 
Hence the " Rule of Three," or " Proportion." 

9. A man gave $8 for 4 sheq>. What will 5 sheep 
cost at the same rate ? 

Let X =: cost of 5 sheep ; then 4 : 8 = 5 : x. By the 
3d, 4X2 = 5X8, or 4x=:40. x = 10. -4n5. $10. 

10. If 2 oranges cost 8 cents, what will 7 oranges 
cost ? 

11. If 4 writing-books cost 24 cents, what will 3 
cost? 

12. If 2 cows cost $40, what will 5 cows coett 
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13. Two numbers are to each other as 3 to 4, and 
their product is 48. What are the numbers ? 

Let X = less-, and y =^ greater ; then x : y = 3 .: 4, 
andxy=:48. By 3d, 4 X a; = 3 X y, or 4a;=:3y. 

^ = U^ Pat ?i: for x,?^Xy = 48, or 5^ = 48. 

4 4 4 4 

^ = 16. yQ = 64. y=:8. Put 8 for y,% = ^ 
zz: 6. Am. 6 and 8. 

14. If X is to y as 2 to 5, what part of y is x ? 
x:yzz2:5. By3d,5x = 2y. x = — , or f of y,^ns. 

15. If one number is to another as 3 is to 7, and 
if X represents the greater, what part of % will repre- 
sent the less>? 

Let y = the less ; then y : x = 3 : 7. By 3d, 7 y = 3 x. 

y = — , and — will represent the less number. 

16. Two numbers are to each other as 3 to 4, and 
their difference is 3. What are the numbers ? 

17. Two numbers are to each other as 1 to 3, and 
the square of their sum is 64. What are the numbers ? 

Let y •=. smaller, and x = larger ; then y : x =r 1 : 3. 

By 3d, 3 y = X. y = — ; then x i= larger, and — 

= smaller, x -| ■=. — , their sum. By the ques- 

tion, ^ = 64. ^zzzS. x = 6. ^ = 2. 

'93 3 

Ans. 2 and 6. 

18. Two numbers are to each other as 2 to 3, and 
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the difference of their squares is 20. What are the 
numbers ? 

19. Two numbers are to each other as 4 to 7. X^ 
the less be subtracted from the greater, the remainder 
will be 6. What are the numbers ? 

20. John's money was to William's as 1 to 3 
William spent 10 cents, and then John's was to Wil- 
liam's as 1 to 2. How much money had each at 
first? 

21. The difference of two numbers is to their sum 
as 3 to 13, and their product is 40. Whit are the 
numbers ? 

22. A's number of horses multiplied by B's would 
be 15. A sold one horse to B,>aAd then A's horses 
were to B's as 1 to 3. How many horses had each 
at first ? 

23. The product of two numbers is 8, and their 
squares are to each other as 1 to 4. What are the 
numbers? 
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MISCELLANEOUS QUESTIONS. 

1. Anna is 3 times as old as Charles, and the sum 
of their ages is 12 years. What is the age of each T 

2. What number must be added to 5 times itself, 
that the product ntay be 54 ? 

3. If a number be added to j- of itself, the sum 
will be 27. What is the number ? 

4. If a number be increased- by f of itself, the sum 
will be 21. What is the number ? 

5' One number is 6 more than another, and their 
sum, is 28. What are the numbers t 

6. One number is 7 less than another, and their 
sum is 23. What are the numbers? 

7. The sum of 2 numbers is 33, and their differ- 
ence is 9. What are the numbers? 

8. Daniel lost f of his money, and had 12 cents 
left. How many cents had he at first ? 

9. Levi says, the difference between f and ^ of his 
age is 7 years. How old is he I 

10. A man paid away $ of his money, and lost $4. 
He still had a dollar left. How many had he at first ? 

1 1. John says, *' 1 have f of my books left ; and if 
you give me 10 more, I shall have my original number 
complete." How many had he. at first V 

12. A farmer says,. ** If I had as many more sheep 
as I now have, j- as many more, and f as many more, 
I should still lack 7 of having a hundred." How 
many has he? 

13. Frederic says, if you will give him 5 more 
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apples, he can divide what he will then have among 
his 3 companions, and they will get 7 apples apiece. 
How many ^ples has he ? 

14. In an orchard of 120 trees there are twice as 
many pear-trees as peach-trees, and 3 times as many 
apple-trees as there are of both the other kinds. 
How many trees are there of each kind ? 

15. A man paid f of his money to one person, and 
i of it to another, and still had $28 left. How 
many dollars had he at first? 

16. A boy gave away ^ of his money, and spent ^ 
•yf it. He then had 20 cents left. Howmuch money 
had he at first ? 

17. Says John to Samuel, " My age is now only ^ 
of yours ; but if we live 4 years longer, mine will be 
J of yours." What is the age of each ? 

18. A man on horseback travelled a certain dis- 
tance in 15 hours. A locomotive, going at the rate 
of 20 miles an hour, travelled the same distance in 
3 hours. How many miles an hour did the man on 
horseback travel ? 

19. A traveller started from Boston for -Albany 9 
hours before the cars, and the train,, going at tlie rate 
of 18 miles an hour, overtook him in 4 hours. How 
many miles did he travel in an hour ? 

20. A says to B, ** Give me ^ of your money, and 
I can spend $2, and still have remaining double what 
you would have left;." ** How is that ? " says B ; " fi)r 
I have f as many as you now." How much money 
ba5 each? 

21 Two men started, at 6 o'clock in the morning, 
one from Philadelphia, and the other firom New York, 
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9D miles dpart^ to meet each other. A travelled 4, 
and B 5 miles an hour. At what time did they meet '7 
and how far did each travel ? 

22. Divide 17 into 2 such parts, that f of the one 
shall be equal to f of the other. What are t'le parts? 
,'23. A man, travelling 5 miles an hour has 10 
hours the start of a train of cars, going at the rate 
of 6 miles to the man's 1. In how many hours will 
the train overtake the man ? and how far must it go 
to do so ? 

24. Five years ago, Kate was twice as old as Abby. 
Now Abby's age is to Kate's as 2 to 3. What are 
tEeir ages? 

. i25« A receives f as mueh money as B. After A 
had spent $2, B had double what A had left. How 
many dollars had each at first? 

26. A revenue cutter, in pursuit of a merchant 
ship, sails 3 miles to the ship's 2 ; but the ship goes at 
the rate of 6 miles an hour, and has 3 hours the start 
of the cutter. In how many hours will the ship be 
overtaken ? and how manj miles must the cutter sail 
to do it ? 

27. If 5 be added to. 5 times a number, ^ of the 
sum will be 1 less than the number. What is the 
aumbor? 

: 28. A can plant -J of a field in a day, and B can 
.'plant ^ of it in the same time. If they work together, 
how long will it take thera to plant it? 

29. Says Samuel to William, "Give me 1 of 
your apples, and my number will be double of yours. 
William replies, ** Give me 1 of yours, and we shall 
eadh have the same Rumber." How many has each '' 
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30 A boy wished to buy a certain number of peiip 
cild, at 4 cents apiece, but lacked 3 cents of being 
able to pay for them ; so he bought the same number, 
at 3 cents apiece, and had just money enough left to 
buy one more at the latter price. How much money 
had he ? and how many pencils did he buy ? 

31. What o'clock is it when the minute-hand and 
hour-hand are together for the fourth time since 12 
o'clock ? 

32. A boy has some money in each hand, and $4 
in his purse. When he takes the purse in his right 
hand, the money in that hand is double the money 
in his left hand; but when the purse is in his left 
hand, the money in the left is $2 more than there 
is in the right hand. How many dollars has he in 
each hand? 

33. John bought 5 peaches and 3 pears for -21 
cents. Andrew, with only i as much money^ bought, 
at the same rate, 2 pears and 1 peach. How much 
did they pay for 1 of each kind of fruit ? 

34. Three times Eliza's age added to twice Abby's 
age is 27 years. If three times Abby's age be taken 
from twice Eliza's, the difference will be 5 years. 
What is the age of each ? 

35. A steamboat, in pursuit of a ship, sails 3 miles 
while the ship sails 2 ; but the ship started 5 hours 
before the steamboat, and averages 8 miles an hour. 
How many miles must the steamboat go to overtake 
the ship ? and liow many hours will it take to do it ? 

36. A farmer has his cows in 2 pastures, and one 
pasture has in it § as many as the other. He. took 1 
cow out of the pasture containing the less number 
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and put her in the other ; and then the latter con- 
tained double the number in the former. How many 
cows were in each pasture at first ? 

37. The quotient of one number divided by another 
is 3^ and their difference is 4. What are the numbers? 

38. The length of a room is 9 feet more than the 
breadth, and the number of square feet in it equals 
10 tirties the length of the room. What is the length 
of ^e room ? 

39. ■ The difference between two numbers is 3, and 
their product is 28. What are the numbers? 

40 A man bought 3 calves and 4 sheep for $27. 
He afterwards, at the same rate at which he pur- 
chased, returned 2 calves and 1 sheep to the seller, 
and recei\ed back $13. What was the price of 1 
of each ? 

41. If f of a number be multiplied by f of the 
same number, the product will be 72. What is the 
numbet ? 

42. A farmer said, if ^ his number of cows were 
multiplied by J of the number, the product would be 
his number of cbivs. How many had he ? 

43. If 1 be added to the quotient of 10 divided by 
some number, the sum will be 3 times that number ? 
What is the number ? 

44. If J of a number be multiplied by ^ of the 
same number, and from the product f of the number 
be taken, the remainder will be 2. What is the 
number ? 

45! The sum of two squares is 100, and their differ- 
ence is 28. What arie their square roots ? 

46. Divide 30 into two such parts, that the greater 
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diTided by the square of the less, shall be equal to 3 
What are me numbers? 

47. Matilda had as much money as Catharine, 
but Catharine gave $3 to Matilda, and then Matilda's 
money, multiplied by Catharine's, was $40. How 
many dollars had each ? 

4d. One number is to another as 1 is to 2, and 
their product, less the smaller number, is G. What 
are the numbers ? , 

49. If John's money be taken from 3 times Hen- 
ry's, and i of the remainder be added to ^ of the diA 
ference between Henry's and twice John's, the sum 
will be $14 ; but half of John's money is $2 more 
than j- of Henry's. How many dollars has each ? 

50. The difference between the numerator and de- 
nominator of a proper fraction is 6; and if 2 be taken 
from the numerator, and added to the denominator, 
the fraction will be ^. What is the fraction ? 

51. What o'clock is it when the square of the time 
past from midnight is equal to the remaining time to 
noon? 

52. If the denominator of a fraction be divided by 
the numerator, the quotient will be 4 ; and if the nu- 
merator be multiplied by the denominator, the product 
will be 4. What is the fraction ? 

53. One number is the square of another, and if 
the less be increased by 2, and the sum multiplied by 
the greater, the product will be 24 times the smaller. 
What are the numbers ? 

54. A man started from Boston to go to Hartford, 
a distance of 100 miles. After travelling a short 
time, he found, if 2j^ times the distance he had trav 
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elled were taken from the square of half that distance, 
the remainder would be f of the whole distance to 
Hartford added to half the distance he had travelled 
How far had he travelled 1 

55. The difference of two numbers, multiplied by 
the less, is twice the less, and twice the greater added 
to the less is 16. What are the numbers ? 

56. A had 2 dollars to B's 3 ; and afler counting 
their money, they found that, if 2 dollars were taken 
from half of A's money, and the remainder were mul- 
tiplied by f of B's, the product would be double B's 
money. How many dollars had each ? 

57. A room contains 120 square feet, and the dif- 
ference between the length and .the width is 2 feet. 
How long and how wide is the room ? 

58 The product of two numbers is 50, and their 
quotient is 2. What are the numbers ? 

59. The length of a fence is 10 times its height, 
and the number of square feet in the fence is equal 
to twice the cube of the height. How long and how 
high is the fence ? 

60. The product of Sarah's money, multiplied by 
j- of Eliza's, is equal to Sarah's, and the square of 
Eliza's is $20 less than the square of Sarah's. How 
many dollars has each ? 

61. On asking the number of cannon balls *n a . 
certain pile at the Navy Yard, an officer replied,'** If 
i^^ of the number of balls be multiplied by -J of the 
number, and from the product f of the number be 
taken, the remainder will be 20 balls." How many 
balls were there in the pile ? 

62. Two men left Philadelphia for Baltimore, a dis- 
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tance of 100 miles, at 5 o'clock, A. M. A travelled 
2 miles an hour faster than B, and B was 2^ hours 
longer on the way. How fast did each travel ? and 
at what o'clock di I each reach Baltimore? 

63. Divide 14 into 2 such parts, that if the product 
of the parts he divided by the second power of the 
smaller part, the quotient will be to the greater part 
as 1 is to 4. What are the parts ? 

64. The difference between the length and breadth 
of a room is 5 feet. If 9 feet be taken from f of the 
number of square feet in the room^ the remainder will 
be the number of square feet in a^uere room, whose 
side is 1 foot less than the breadth of the room whose 
dimensions are required. How long and how wide is 
the room ? 

65. There is a bridge 100 rods long, and' the 
square of one fourth of the distance from the north 
end of the bridge to the middle of the draw, less once 
that distance, is equal to the distance Irom the middle 
of the draw to the other end of the bridge. How far 
is the middle of the draw from each end of the bridge t 

66. If A's money, which is $12, be divided by B's 
money less $2, the quotient will be $1 less than B'a 
money. How many dollars has B ? 

67. Peter is 4 years older than John, and half thft 
product of their ages, added to the sum of their ages 
is equal to the sum of Peter's age, added to the 
square of John's age. What are their ages^^ 

68. What o'clock is it when the time past from 
noon to midnight, taken from the square of the time 
past, is equal to the time from noon to midnight ? 
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Chahlxstown, July 11, 1845. 
Dear &r, — I have the pleasure to inform you that after a carefuJ 
elimination on the part of our Board of Trustees, of your " Intel- 
Uch'Hol jllgebra" it was unanimously voted to introduce it into our 
Grammar Schools. Some of our Teachers have thoroughly exam- 
ined the hook, and speak in high terms of its merits. 

Kespectfully yours, JONATHAN BROWN, Jk., 

Secretary 
To D. B. TowEE, Esq. 

Mr. Pierce, the experienced Principal of the Normal School^ 
West Newton, June 26th', writes, " I am so well pleased with i/ 
(the Algebra), that I propose to introduce it into the Model Schod 
next Term." 

/ Chelsea, July 9, 1845. 

Mr. Tbtiw, — Dear Sir: I have examined your ''^InteUectualJUgehra^ 
and [ should be much gratified at its introduction into the School 
under my charge. I find the mental exercises in the Arithmetic we 
use altogether madequate, and am confident that the introduction of 
your work, at this stage of the scholar's progress, will enable him 
to understand the science of Arithmetic much better and more easily 
than he can now do. 

Respectfully, QUINCY ADAMS. 

Charlestown, July 8, 1845. 
Mr. Tbtwr, — Bear Sir : Your work on " Intellectual Algebra^ we 
have examined with much interest, and a high degree of pleasure 
The idea of the work is excellent, and the arrangement, we think, 
is good. 

It is the first book of the kind that we have seen, and it appears 
to be well calculated to supply a deficiency in the class of books for 
the intellectual training of the youthful mind. A more interesting, 
useful, and important work could hardly have been devised, and it 
cannot fail, we think, to meet the approbation of Teachers and 
(iiends of education. 

Very respectfully, P. H. SWEETSER, 

Principal of Grammar Department of Haivard School 

DANIEL H. FORBES, 
Pnncipal of Grammar Department of Warren School 

A. WALKER, 
Principal of Grammar Department of Winthrop School 

Charlestown, July 19, 1845. 
We have examined, carefully and with much satisfaction, Tower's 
*^ Intellectual jUgebrOy" which bears the same relation to the Algebraic 
text-books in common use, as that sustained by " Colburn's First 
Lessons" to previous treatises upon Arithmetic — and we think that 
every one, who has made use of that excellent work, cannot fail to 
regard this as the highest commendation. We are highly gratified 
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to learu that the Tiastees have introduced the work into the Schooli 
nnder our care. 

BENJAMIN F. TWEED, 
Bincipal of Bmker Hill SchooL 
JOSEPH T. SWAN, 
Principal of Mathematical Department of Warren Schoci, 

STACY BAXTER, 
Principal of Mathematical Department of Wmtltrop SchscL 

FVwm Professor Forbes, Civil Eneinetr^ formerly Ptincipal of the fiifl 
School in Lowell. 

Lowell, July 21, 1845. 
Dear Sir — I have examined your ^ JtiteUecttml jSlgebra^^ with in 
terest ; and I helieve it will be found highly useful in giving to the 
young habits of thinking attentively, and of reasoning with pre- 
cision — two of the most desirable results of education. Your book 
is the best of its kind that I have seen. 

Very respectfully Yours, FRANKLIN FORBES. 
David B. Tower, Esq. 

Salem, July 12, 184& 
D. B. Ibwcr, Esq. — Dear Sir : I have examined with much atten- 
tion your " Intellectual Al^ehra.^'' I think the plan of the work is 
excellent; and so far as I have examined, the filling up is equally 
good. I suspect you have done for Algebra a service not very unlike 
what Colburn did for Arithmetic, when he published his "First 
LessonsJ*^ I have requested our School Committee to allow me to 
put it into the hands of my Junior Class, as a preparatory study. 
Yours, very respectfully, RUFUS PUTNAM, 

Principal oftlie Boivditch English High School^ Salem, Mass. 

Boston Daily Journal. 
The plan of this work is altogether new — ^it contemplates the 
improvement in the mode of teaching Algebra, that Colburn intro- 
duced into Arithmetic sonie twenty years ago, viz. — ^by oral exer- 
cises, in which all the operations are limited to such small numbers 
as not to embarrass the reasoning powers, but on the inductive plan^ 
to lead the pupil, understandingly, step by step, to higher mental 
efforts. ♦ « * * We think its merits will be found 
m entitle it to admission into our schools as a valuable aid to the 
Teachers in giving instruction in Algebra to our youthful readers. 

Mass, Temperance Standard, Aug. 1, 1845. 
We have looked over this work with much interest To most 
persons, the idea of the study of Algebra, is that of a hard, dry, 
useless task ; and formerly this idea was in the main correct. Some 
of the early treatises on this subject seem to have been intended 
lo convey the little information they contained, in as blind a method 
%% poisiDle. But Warren Colburn, by his excellent treatise, made 
the translation from the study of A.ritnmetic to that of Algebra, easy 



and delightful Not content with this advance, Mr. Tower has now 
prepared a treatise, which is designed to hold the same position in 
relerence to Algebra that Mr. Colbum's '^ Litelledual Arithmetic* does 
to Arithmetic — that is, to make it one of the most elementary studies 
in common schools. The idea seems to us a good one. There is 
nothing in the nature of Algebra to render it a dithcult study. li 
any one doubts this statement, let him read over Mr. Tower's book, 
and he will be sceptical no longer. But what is of still highei 
importance, the child by these steps, which seem so pleasant and 
simple, is learning the greatest of all arts — that of reasoning. In 
this age of loose reasoners, every man who does anything to direct 
the minds of the young to habit? of closer investigation and analysis, 
docs a service to the community which cannot easily be over-rated. 
In this respect it gives us great pleasure to recommend the little 
treatise of Mr. Tower. 

Boston Messenger^ July 31, 1845. 

"■ hdtllcctual Algebra ; or, Oral Exercises in Algebi-a, for Common 
Schools — in which all the operations are limited to such small 
numbers as not to embarrass the reasoning powers, but, on the in- 
ductive plan, to lead the pupil underslandingly, step by step, to 
higher mental efforts , adapted to prepare the pupil for the study of 
mental Arithmetic, and designed to be introductory to higher treat- 
ises on Algebra." 

There is no class of Works in which the public are more 
aeeply interested than in School Books, and when good ones are 
published, the author should be encouraged, and receive the com 
mendation that his labors deserve. It is with this feeling that we 
alvtmys notice school books, and in the present instance we are 
happy in being able to speak favorably of a valuable addition to our 
stock of books, on a most interesting and important study, which, 
by means of this treatise, may be introduced with the greatest ad 
vantage into our public schools. We will only add, that the plan ot 
the author is admirably executed. 

The able Editor of the Cliristian Reflector^ who was selected from 
the Boston School Committee to examine the Mathematical Depart- 
ment of their Schools, and who has just completed that arduous 
task, says of Tower's '' Intellectual jilgebra'^— 

" This is a new text-book, on a new plan, which we greatly admire. 
It is to the Algebraic science very much such a work as was Col- 
bum's ' First Arithmetic ' to the science of common numbers. We 
observe that it is commended by experienced teachers. We shall 
certainly favor its adoption in the Mathematical department of the 
Schools of Boston, and recommend it to the attention of School 
Committees throughout the country.' 



The following is from the Principal of the celehrated Private 
School in Roxbury, one of the best in this country. 

David B. Tower, Esq., — Dear Sir : I have examined your " Intel 
Uctval Jilgcbra" with some care and attention, and am much 
pleased with the plan and execution of the work. I think it 
admirably adapted for the eari)r training of youthful minds in 
mathematics. I shall introduce it fdrthwith into my school. 
Very truly and sincerely yours, 

DANIEL LEACH. 
Roxbury, August, 6, 1845. 

From E. G, Storke, Esq., ComUy Supenntenclent of Cayuga County 

AuBURK, Sept. 20, 1845. 

Messrs. Paine ^ Bvwgess, — The examination of" Towers' Intelle* 
tual Algebra" led me to remark that it was a work which 1 cout 
cheerfully and heartily recommend, for its intrinsic value and ek 
cellence ; and I avail myself of the first opportunity of doing so. 

I regard it as the legitimate successor of Colburn s Fir^-t LessoQj, 
and it will, in my opinion, prove as valuable to the student of 
Algebra as that has been to the student of Arithmetic. It divests 
the science of its m3rstery aud repulsiveness, and brings its principU$ 
clearly before the mental vision, so simplified and illustrated, that 
they can be readily comprehended by most pupils o( from ten to 
twelve years of age. 

I therefore hail with pleasure, this new and valuable incentive to 
mental exercise in our Schools, and am satisfied that the work has but 
to be examined to be approved and adopted. It is peculiarly adapt- 
ed to the use of Common Schools, and to facilitate its introduc- 
tion, we shall give the members of our Teachers' Institute, which 
is sojn to convene, daily and thorough exercises in it. 

Respectfully and truly Yours, E. G. STORKE. 

Boston, Sept. 23, 1845. 

i>Mw Sir, — Having been absent from the city several months, I did 
not leceive, so soon as I otherwise should, the copy of your book, 
the " Intellectual Algebra," which you did me the honor to send to 
my house. I have examined the book within a few days, and in 
my humble opinion, it is admirably adapted to the purposes foi 
which it is intended. 

It seems to me, you have very happily applied the " charms ol 
logic" to that beautiful and much neglected study of Algebra, and 
if such a book could be freely introduced into our Common Schools 
I doubt not it would do more than almost anything else to invigo 
rate and concentrate the intellectual powers of the young. 
With much respect, your obliged servant, 

JOHN T. SARGENT 

David B. Tower, Es^ 



Salem, July 26, 1845. 
Mr. David B. Ibtcer, — Dear Sir: It is thought by most Teachert 
at present, that children have not commenced the study of Arith- 
metic aright and radically, unless they have begun with " Colburn's 
First Lessons,*' or some other book of oral exercises. It appears to 
us that it is equally important that Algebra should be thus com- 
menced. We rejoice to see a work of l^is kind from your hands ; 
and the wonder is, that it has not entered the brain of some one 
before, to put one forth. Your ^Intellectual Algebra^^^ in our humble 
opinion, is a happy conception, and a design well executed, — leading 
the mind on by very easy and gradual steps, and by clear illustra- 
tions. We regard Algebra as an interesting and important study 
for children, and well calculated to aid their progress in common 
Arithmetic. We think, that if the merits of the study, and of jrour 
little book, are duly appreciated, it will be widely introduced into 
^he Schools of our land. 

Yours with esteem, EDWIN JOCELYN, 

Principal of F. High School 
CHARLES NORTHEND, 
Principal of Epes School 
D. P. GALLOUP, 

Principal of Hacker School 

A C. SMITH, 

Principal of Philip^ s SchooV 

J. B. FAIRFIELD, 

Principal of Browne School 



From Boston Jlecordcr^ July 31, 1845. 

This work was prepared, the author informs us, for the use of 
the blind under his charge, and is now printed in hope that it maj 
prove useful to the seeing. It is on the " inductive plan," and is 
believed to supply a deficiency in the books provid«i for young 
pupils. The operations are limited to small numbers, and lead the 
pupil on step by step towards higher mental efforts. The plan, 
and the execution of it, cannot fail to meet the approbation of 
Teachers. 

Boston, Sept., 15, 1845. 
D. B. Tower, Esq.,-— Dear Sir : — I have examined your " Zn/cif- 
ketual jSlgebra^^^ and cheerfully concur in the opinion expressed in 
the recommendalion of the Principals of the Public Schools is 
Boston. Very respectfully yours, 

R. W. WRIGHT, 
^indpal of the department ofMathematicf in the Jldams School 
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